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Abstract: This paper develops a perturbation compensation based sliding-mode control (PCSMC) strategy of a 

permanent magnetic synchronous generator (PMSG) for optimal extraction of wind energy. Firstly, PMSG 

nonlinearities, uncertain parameters, unmodelled dynamics, and stochastic wind speed variations are aggregated into a 

perturbation. Then, it is estimated by a sliding-mode state and perturbation observer (SMSPO) in the real-time. Further, 

the perturbation estimate is fully cancelled by sliding-mode controller (SMC) for global control consistency, together 

with considerable robustness thanks to the sliding-mode mechanism. In addition, the upper bound of perturbation is 

replaced by its real-time estimate, thus more proper control costs could be achieved without over-conservativeness. 

Moreover, PCSMC does not require an accurate PMSG model while only the measurement of d-axis current and 

mechanical rotation speed is required. Four case studies are carried out, e.g., step change of wind speed, low-turbulence 

stochastic wind speed, high-turbulence stochastic wind speed, and PMSG parameter uncertainties. Simulation results 

demonstrate that PCSMC can rapidly extract higher power under different wind speed profiles against vector control 

(VC) and SMC. Lastly, a dSpace based hardware-in-the-loop (HIL) experiment is undertaken which validates its 

implementation feasibility.  
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Nomenclature 

Variables Abbreviations 

vwind wind velocity MPPT maximum power point tracking 

ρ air density PMSG permanent magnetic synchronous generator 

CP power coefficient VC vector control 

λ tip-speed-ratio SMSPO sliding-mode state and perturbation observer 

β blade pitch angle SMC sliding-mode control 

Te electromagnetic torque SPWM sinusoidal pulse width modulation 

Tm mechanical torque VSC voltage source converter 

ωe electrical rotation speed PID proportional-integral-derivative 

ωm mechanical rotation speed of turbine FLC feedback linearization control 

Vd,Vq dq-axis stator voltages PCSMC perturbation compensation based sliding-mode control 

id,iq dq-axis currents SMPO sliding-mode perturbation observer 

System parameters The control parameters of PCSMC 

Ld,Lq dq-axis inductances  𝜸𝟏 ,𝜸𝟐 positive constants 

p the number of pole pairs αi Luenberger observer gains 

R turbine radius 𝝆𝒊 estimated sliding surface gains 

Jtot total inertia of the drive train 𝝋𝒊, 𝝇𝒊 sliding-mode control gains 

D viscous damping coefficient 𝝐𝐜, 𝝐𝐨  thickness layer boundary of controller and observer 

Rs stator resistance B0 constant control gain 

 

1. Introduction 

Environmental concerns in energy generation from the conventional sources have driven rapid development of renewable 

energy sources (RES) around the globe, including wind, solar, fuel cell, hydro, tidal, geothermal, biomass, etc. Meanwhile, the 

ever-increasing social and industrial demand for electrical energy and the issues associated with limited reserves and the rising 

costs of conventional fossil fuels, e.g., coal, natural gas, and oil, etc., have urgently driven the worldwide deployment of 

renewable energy [1,2]. At present, wind energy conversion system (WECS) has become quite popular thanks to its cleanness, 

abundance of resources, as well as wide distribution [3]. So far, there are two major wind generators, e.g., doubly-fed induction 

generator (DFIG) [4] and permanent magnetic synchronous generator (PMSG) [5]. Recently, PMSG applications have been 

significantly growing due to its prominent characteristics of efficient energy production, gearless construction, simple structure, 

as well as self-excitation [6]. 



 

 

In general, one of the most crucial objective of PMSG operation is to extract the optimal wind power under different 

operation conditions, which is often denoted as maximum power point tracking (MPPT) [7]. In order to achieve this goal, an 

appropriate control system design is very important. Conventional vector control (VC) scheme employing proportional-

integral-derivative (PID) framework is commonly employed in industry thanks to its reliability and simplicity [8]. Nevertheless, 

PID control performance might be dramatically degraded or even result in a collapse of system stability when operation 

conditions vary as the its control parameters are merely based on one-point linearization, such issue becomes even severer in 

PMSGs as they usually have strong nonlinearity caused by wind turbines aerodynamics, converters, as well as the inherent 

nature of wind, e.g., intermittence and randomness. Hence, more advanced controllers are needed for PMSG to tackle the 

above thorny obstacle. 

Thus far, there are mainly two types of methodology being adopted for the aforementioned issue, that is, meta-heuristic 

optimization algorithms and nonlinear robust/adaptive approaches. The former one is inspired from the biological evolution or 

swarm-based algorithm [9]. It usually constructs a fitness function consisted of the tracking error of controlled variables, and 

adjusts the control parameters to achieve an optimal control performance via minimizing the fitness function. Genetic 

algorithm (GA) was utilized to tune PI control parameters of PMSG system with both symmetrical and unsymmetrical faults 

[10]. Moreover, particle swarm optimization (PSO) was adopted to enhance the optimal power tracking rate of PMSG in the 

presence of severe wind speed variations by investigating the participation factors of state variables, which simplifies the 

problem by reducing the number of PI control parameters needed to be tuned [11]. In addition, firefly algorithms (FA) was 

employed to seek the optimal PID parameters of pitch angle regulator which realizes a stable and optimal power tracking [12]. 

Alternatively, the latter one attempts to design nonlinear robust/adaptive controllers to resolve this difficult challenge by 

studying PMSG or wind characteristics. Reference [13] proposed feedback linearization control (FLC) to completely 

compensate all PMSG nonlinearities, which however requires an accurate system model and lack robustness against any 

modelling uncertainties. Besides, a digital robust 𝐻∞ control was designed to handle stochastic wind speed variations and 

generator parameter uncertainties [14]. Additionally, [15] reported an improved adaptive torque gain (IATG) method of PMSG 

which customizes adaptive torque gains and enhances MPPT performances. Besides, a modified perturbation and observation 

(P&O) MPPT algorithm was applied to accomplish a fast tracking of the maximum power point (MPP) under a rapidly 

changing of the wind speed, which requires neither the knowledge of wind turbine system parameters nor mechanical sensors 

[16]. In [17], a model predictive control (MPC) was proposed, which can predict the future behaviour of PMSG. Furthermore, 

nonlinear Luenberger observer based control was developed for unknown PMSG parameters or variables estimation [18]. 

Among the enormous variety of nonlinear robust/adaptive methods, sliding-mode control (SMC) provides a powerful tool 

to handle uncertainties and disturbances via high-frequency switching mechanism, which is based on variable structure control 

and owns elegant merits of fast response, implementation simplicity, robustness improvement, as well as disturbance 

suppression [19]. Hence, it has been widely employed on PMSG, e.g., a fuzzy integral SMC was presented for MPPT with an 

additional goal of eliminating high-order voltage harmonics [20]. In addition, an SMC using enhanced exponential reaching 

law was developed to attenuate chattering [21]. Moreover, high-order SMC strategy was adopted for rapid  active and reactive 

power regulation, as well as minimizes the generation losses [22]. Besides, [23] reported a discrete-time integral SMC with a 

chattering free reaching law of PMSG to realize MPPT under various wind speed. Further, in [24], a modified version of the 

super-twisting algorithm with variable gains was incorporated with SMC to effectively reject the variation on the parameters 

and the random nature of wind speed. Additionally, sliding mode model reference adaptive system (SM-MRAS) speed 

observer based fuzzy controller was devised [25], which provides considerable robustness. 

However, one obvious drawback of SMC is the inherent over-conservativeness resulted from the use of upper bound of 

uncertainties, while such conditions, e.g., perturbation takes its upper bound, are not frequently appeared. Therefore, it 

motivates the authors to design a modified SMC scheme through perturbation compensation. The reason to design PCSMC and 

its advantages can be summarized as follows: 

• As PMSG always operate under various uncertainties, an effective adaptive control scheme is urgently needed to achieve 

a satisfactory MPPT performance. It motivates this paper to design PCSMC to aggregate the combinatorial effect of 

generator nonlinearities and parameter uncertainties, unmodelled dynamics, and wind speed randomness into a 

perturbation, which is rapidly estimated by a sliding-mode state and perturbation observer (SMSPO) in real-time. Thus, 

PCSMC can effectively tackle various types of uncertainties which is applicable to more practical cases compared to that 

of other parameter estimation based methods; 

• Compared to conventional PID control [8], PCSMC can achieve a global control consistency under various operation 

conditions as all PMSG nonlinearities are globally removed; 

• Compared to FLC [13], an accurate PMSG model is not needed by PCSMC, thus a great robustness could be realized via 

real-time perturbation compensation. Therefore, PCSMC is easy for practical implementation; 

• Compared to conventional SMC [22], upper bound of perturbation is replaced by its real-time estimate in PCSMC, such 

that an improved tracking accuracy and proper control costs are achieved.  

2. Modelling of PMSG System  

Figure 1 demonstrates the structure of PMSG system. Here, active/reactive power is controlled by generator-side voltage 

source converter (VSC), while grid-side VSC transmits active power to main power grid through DC-link capacitor [13]. 

2.1. PMSG modelling 



 

 

Ea

Vdc

ibs

PMSG

ias

ics

vbs

vas

vcs

~

~

~
Eb

Ec

Ra La

Lc

ib

ia

ic

vb

va

vc

Idc1 Idc2

LbRb

Rc

VSC

(Generator-side)
VSC

(Grid-side)

Ea
Turbine

β

 
Fig. 1 The configuration of a PMSG system.

The wind turbine aerodynamics is modelled by power coefficient 𝐶p(𝜆, 𝛽), which includes tip-speed-ratio λ and blade 

pitch angle β, with λ being defined as follows 

  𝜆 =
𝜔m𝑅

𝑣wind
                                         (1) 

where 𝜔m  is the mechanical rotation speed and 𝑣wind  denotes the wind speed; 𝑅  denotes the blade radius, respectively. In 

particular, power coefficient 𝐶p(𝜆, 𝛽) can be described by 

          𝐶p(𝜆, 𝛽) = 𝑐1 (
𝑐2

𝜆𝑖
− 𝑐3𝛽 − 𝑐4) 𝑒

−
𝑐5
𝜆𝑖                   (2) 

with 
1

𝜆𝑖
=

1

𝜆+0.08𝛽
−

0.035

𝛽3+1
                                  (3) 

where the coefficients c1 to c5 are selected as c1=0.22, c2=116, c3=0.4, c4=5, and c5=12.5, respectively [13,26]. 

Besides, mechanical power is calculated by 

            𝑃m =
1

2
𝜌𝜋𝑅2𝐶p(𝜆, 𝛽)𝑣wind

3                         (4) 

where 𝜌 represents the air density. 

The dynamics of PMSG and shaft system can be found in references [13,26]. 

2.2. MPPT profile 

For MPPT, power coefficient 𝐶p(𝜆, 𝛽) must be kept at maximum point 𝐶p
∗ under different wind profiles, yields 

   𝐶p
∗ = 𝐶p(𝜆

∗)                               (5) 

Thus, mechanical rotation speed 𝜔m should be regulated to track the optimal rotation speed 𝜔m
∗  as  

 𝜔m
∗ =

𝑣wind

𝑅
𝜆∗                              (6) 

Here, the pitch angle 𝛽 = 2° while optimal tip-speed-ratio 𝜆∗ = 7, thus one can readily obtain 𝐶p
∗ = 0.4019 [13,26].  

Lastly, Figure 2 shows the optimal active power curve under different wind profile [27,28], as follows 

  𝑃opt(𝜔m) = 𝐾
∗𝜔m

3                             (7) 

where 𝐾∗ = 0.5𝜌𝜋𝑅5𝐶p
∗/(𝜆∗)3 is the shape coefficient. 
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Fig. 2 The MPPT profile obtained at various wind speeds. 

3. Perturbation Compensation based Sliding-mode Control 

Consider a canonical uncertain nonlinear system 

{
�̇� = 𝐴𝑥 + 𝐵(𝑎(𝑥) + 𝑏(𝑥)𝑢 + 𝑑(𝑡))

𝑦 = 𝑥1
               (8) 

where 𝑥 = [𝑥1, 𝑥2, ⋯ , 𝑥𝑛]
T ∈ 𝑅𝑛  represents state variable vector; 𝑢 ∈ 𝑅  and 𝑦 ∈ 𝑅  are control input and system output, 

respectively; a(x): 𝑅𝑛 ↦ 𝑅  and b(x): 𝑅𝑛 ↦ 𝑅  are unknown smooth functions; and d(t): 𝑅+ ↦ 𝑅  represents time-varying 

external disturbances.  



 

 

The perturbation of system (8) is defined as [29-32] 

𝜓(𝑥, 𝑢, 𝑡) = 𝑎(𝑥) + (𝑏(𝑥) − 𝑏0)𝑢 + 𝑑(𝑡)            (9) 

where b0 means the constant control gain.Here, the last state xn can be rewritten in terms of perturbation (9), gives 

�̇�𝑛 = 𝑎(𝑥) + (𝑏(𝑥) − 𝑏0)𝑢 + 𝑑(𝑡) + 𝑏0𝑢 = 𝜓(𝑥, 𝑢, 𝑡)+𝑏0𝑢   (10) 

Define a fictitious state to represent the perturbation, e.g., 𝑥𝑛+1 = 𝜓(𝑥, 𝑢, 𝑡). Then, system (8) becomes 

{
 
 

 
 

𝑦 = 𝑥1
�̇�1 = 𝑥2

⋮
�̇�𝑛 = 𝑥𝑛+1+𝑏0𝑢

�̇�𝑛+1 = �̇�(∙)

                           (11) 

The new state vector becomes 𝑥e = [𝑥1, 𝑥2, ⋯ , 𝑥𝑛 , 𝑥𝑛+1]
T, while the following assumptions are made [30] 

A.1 b0 should satisfy: |𝒃(𝒙)/𝒃𝟎 − 𝟏| ≤ 𝜽 < 𝟏, where θ is a positive constant. 

A.2 The function 𝝍(𝒙, 𝒖, 𝒕): 𝑹𝒏 × 𝑹 × 𝑹+ ⟼ 𝑹 and �̇�(𝒙, 𝒖, 𝒕): 𝑹𝒏 × 𝑹 × 𝑹+ ↦ 𝑹 are bounded over the domain of interest: 

|𝝍(𝒙, 𝒖, 𝒕)| ≤ 𝜸𝟏 , |�̇�(𝒙, 𝒖, 𝒕)| ≤ 𝜸𝟐 with  𝝍(𝟎, 𝟎, 𝟎) = 𝟎, and �̇�(𝟎, 𝟎, 𝟎) = 𝟎, where 𝜸𝟏 and 𝜸𝟐 are positive constants. 

A.3 The desired trajectory 𝒚𝐝 and its up to nth-order derivative are all continuous and bounded. 

Here, assumptions A.1 and A.2 ensure the closed-loop system stability, while assumption A.3 guarantees PCSMC can 

regulate state x to track the desired trajectory 𝑥d = [𝑦d, 𝑦d
(1), ⋯ , 𝑦d

(𝑛−1)]T. 

Throughout this paper, �̃� = 𝑥 − �̂�  refers to the estimation error of x whereas �̂� represents the estimate of x, while x* is 

the reference of x. Consider the worst case, e.g., y=x1 is the only measurable state, an (n+1)th-order SMSPO for the extended 

system (17) is employed to simultaneously estimate the system states and perturbation, as follows [29-32]: 

              

{
 
 

 
 �̇̂�1 = �̂�2 + 𝛼1�̃�1 + 𝑘1sat(�̃�1, 𝜖o)

⋮
�̇̂�𝑛 = �̂�(∙) + 𝛼𝑛�̃�1 + 𝑘𝑛sat(�̃�1, 𝜖o) + 𝑏0𝑢

�̇̂�(∙) = 𝛼𝑛+1�̃�1 + 𝑘𝑛+1sat(�̃�1, 𝜖o)

       (12) (18) 

where αi, i = 1, 2,⋯, n + 1, are the Luenberger observer gains, which are chosen to place the poles of polynomial sn+1 + α1sn + 

α2sn−1 + ⋯ + αn+1 = (s +𝜆𝛼)n+1 = 0 being in the open left-half complex plane at −λα, with 

𝛼𝑖 = 𝐶𝑛+1
𝑖 𝜆𝛼

𝑖 , 𝑖 = 1,2,⋯ , 𝑛 + 1.                 (13) 

Besides, positive gains ki are sliding surface constants, which satisfies 

 k1≥|�̃�2|max                                   (14) 

where the ratio ki/k1 (i = 2, 3,⋯, n + 1) are chosen to assign the poles of pn + (k2/k1)pn−1 + ⋯  + (kn/k1)p + (kn+1/k1) = (p + 𝜆k)n = 

0 to be in the open left-half complex plane at −𝜆k, yields 
𝑘𝑖+1

𝑘1
= 𝐶𝑛

𝑖𝜆k
𝑖 , 𝑖 =  1,2,⋯ , 𝑛.                      (15) 

with 𝐶𝑛
𝑖 =

𝑛!

𝑖!(𝑛−𝑖)!
. 

Moreover, sat(�̃�1, 𝜖o) function is adopted to replace the conventional sgn(�̃�1) function to attenuate the malignant effect of 

chattering in SMSPO, which is defined as sat(�̃�1, 𝜖o) = �̃�1/|�̃�1| when|�̃�1| > 𝜖o and sat (�̃�1, 𝜖o) = �̃�1/𝜖o when |�̃�1| ≤ 𝜖o. In addition, 

ϵo means the thickness layer boundary of observer. 

Define the estimated sliding surface as 

�̂�(𝑥, 𝑡) = ∑ 𝜌𝑖
𝑛
𝑖=1 (�̂�𝑖 − 𝑦d

(𝑖−1))                   (16) 

where the estimated sliding surface gains 𝜌𝑖 = 𝐶𝑛−1
𝑖−1𝜆c

𝑛−𝑖, 𝑖 = 1,⋯ , 𝑛, place all poles of the estimated sliding surface at -𝜆c, 
with 𝜆c > 0. 

To this end, the PCSMC for system (13) is designed as 𝑢 =
1

𝑏0
[𝑦d

(𝑛) − ∑ 𝜌𝑖(�̂�𝑖+1 − 𝑦d
(𝑖)) − 𝜍�̂� − 𝜑sat(�̂�, 𝜖c)

𝑛−1
𝑖=1 − �̂�(∙)]                                                                                   

(17) 

where 𝜍 and 𝜑 are sliding-mode control gains which are chosen to fulfil the attractiveness of the estimated sliding surface �̂�. In 

addition, 𝜖c is the thickness layer boundary of controller. 

Remark 1. In conventional SMC, upper bound of perturbation is employed to determine the control gain, which often leads to 

over-conservativeness. Actually, such extreme condition, e.g., the perturbation takes its upper bound, is quite rare. In contrast, 

PCSMC only uses the upper bound of perturbation in the observer loop, hence the tracking performance can be enhanced with 

more proper control costs. 

The overall PCSMC design for system (8) can be summarized as 

Step 1: Define perturbation (9) for the original nth-order system (8); 

Step 2: Define a fictitious state 𝑥𝑛+1 = 𝜓(∙) to represent perturbation (9); 

Step 3: Extend the original nth-order system (8) into the extended (n+1)th-order system (11); 

Step 4: Use the (n+1)th-order SMSPO (12) for the extended (n+1)th-order system (11) to obtain the state estimate �̂� and the 

perturbation estimate �̂�(∙) by the only measurement of 𝑥1; 

Step 5: Design PCSMC for the original nth-order system (8), in which the estimated sliding surface �̂� is calculated by (16). 



 

 

4. PCSMC Design of PMSG for MPPT 

Define state variable 𝛺 = [id, iq, ωm]T and output 𝛶 = [y1, y2]T = [id,ωm]T, the state space equation is written as 

�̇� = 𝑓(𝑥) + 𝑔1(𝑥)𝑢1 + 𝑔2(𝑥)𝑢2                  (18) 

where 

𝑓(𝑥) =

[
 
 
 
 
 
 −

𝑅s
𝐿d
𝑖d +

𝜔e𝐿q

𝐿d
𝑖q

−
𝑅s
𝐿q
𝑖q −

𝜔e
𝐿q
(𝐿d𝑖d + 𝐾e)

1

𝐽tot
(𝑇m − 𝑇e) ]

 
 
 
 
 
 

 , 

𝑔1(𝑥) = [

1

𝐿d

0
0

] , 𝑔2(𝑥) = [

0
1

𝐿q

0

]                (19) 

Differentiate output 𝛶 until control input u = [u1, u2]T = [Vd, Vq]T appears explicitly, it obtains 

{
 
 
 
 

 
 
 
 �̇�1 =

1

𝐿d
𝑢1 −

𝑅s
𝐿d
𝑖d +

𝜔e𝐿q

𝐿d
𝑖q

�̈�2 = −
𝑝𝑖q

𝐽tot𝐿d
(𝐿d − 𝐿q)𝑢1 +

�̇�m
𝐽tot

−
𝑝

𝐽tot𝐿q
[𝐾e + (𝐿d − 𝐿q)𝑖d]𝑢2

−
𝑝𝑖q

𝐽tot𝐿d
(𝐿d − 𝐿q)(−𝑅s𝑖d + 𝐿q𝜔e𝑖q) +

𝑝

𝐽tot𝐿q
[𝐾e + (𝐿d − 𝐿q)𝑖d](𝐿d𝜔e𝑖d + 𝑅s𝑖q +𝜔e𝐾e)

 

   (20) 

System (20) can then be rewritten into the following matrix form 

[
�̇�1
�̈�2
] = [

ℎ1(𝑥)
ℎ2(𝑥)

] + 𝐵(𝑥) [
𝑢1
𝑢2
]                 (21) 

where 

ℎ1(𝑥) = −
𝑅s

𝐿d
𝑖d +

𝜔e𝐿q

𝐿d
𝑖q                    (22) 

ℎ2(𝑥) =
�̇�m

𝐽tot
−

𝑝𝑖q

𝐽tot𝐿q
(𝐿d − 𝐿q)(−𝑅s𝑖d + 𝐿q𝜔e𝑖q) +

𝑝

𝐽tot𝐿q
[𝐾e + (𝐿d − 𝐿q)𝑖d](𝐿d𝜔e𝑖d + 𝑅s𝑖q +𝜔e𝐾e)           (23) 

with 

𝐵(𝑥) = [

1

𝐿d
0

−
𝑝𝑖q

𝐽tot𝐿d
(𝐿d − 𝐿q) −

𝑝

𝐽tot𝐿q
[𝐾e + (𝐿d − 𝐿q)𝑖d]

]                   (24) 

This input-output linearization is valid only if matrix B(x) is nonsingular among the whole operation range, gives 

det[𝐵(𝑥)] = −
𝑝[𝐾e+(𝐿d−𝐿q)𝑖d]

𝐽tot𝐿d𝐿q
≠ 0             (25) 

which can be always satisfied when Ke≠−(Ld−Lq)id. 

Define the perturbations 𝜓1(∙) and 𝜓2(∙) for system (20) as 

            [
𝜓1(∙)

𝜓2(∙)
] = [

ℎ1(𝑥)
ℎ2(𝑥)

] + (𝐵(𝑥) − 𝐵0) [
𝑢1
𝑢2
]               (26) (32) 

where constant control gain matrix B0 is designed as 

𝐵0 = [
𝑏11 0
0 𝑏22

]                                   (27) 

where b11 and b22 are constant control gains. Note that diagonal matrix B0 is chosen to realize a fully decoupled control of d-

axis current and mechanical rotation speed. 

Define tracking error e = [e1, e2]T = [𝑖d-𝑖d
∗ , 𝜔m-𝜔m

∗ ]T, one can obtain 

[
�̇�1
�̈�2
] = [

𝜓1(∙)

𝜓2(∙)
] + 𝐵0 [

𝑢1
𝑢2
] − [

𝑖̇̇d
∗

�̈�m
∗ ]                  (28) 

A second-order sliding-mode perturbation observer (SMPO) is used for perturbation 𝜓1(∙) estimation, as 

{
𝑖̇̂̇d = �̂�1(∙) + 𝛼11𝑖̇̃d + 𝑘11sat(𝑖̇̃d, 𝜖o) + 𝑏11𝑢1

�̇̂�1(∙) = 𝛼12𝑖̇̃d + 𝑘12sat(𝑖̇̃d, 𝜖o)
        (29) 

where observer gains k11, k12, α11, and α12, are all positive constants. 

Meanwhile, a third-order SMSPO is adopted for perturbation 𝜓2(∙) estimation, as 



 

 

{

�̇̂�m = �̂̇�𝑚 + 𝛼21�̃�m + 𝑘21sat(�̃�m, 𝜖o)

�̇̂̇�m = �̂�2(∙) + 𝛼22�̃�m + 𝑘22sat(�̃�m, 𝜖o) + 𝑏22𝑢2

�̇̂�2(∙) = 𝛼23�̃�m + 𝑘23sat(�̃�m, 𝜖o)

 (30) 

where observer gains k21, k22, k23, α21, α22, and α23, are all positive constants. 

The estimated sliding surface is designed for system (21) as 

    [
�̂�1
�̂�2
] = [

𝑖̇̂d − 𝑖d
∗

𝜌1(�̂�m
∗ −𝜔m

∗ ) + 𝜌2(�̂̇�m
∗ − �̇�m

∗ )
]              (31)                    where positive constants 𝜌1 and 𝜌2 represent the 

sliding surface gains. It is worth noting that a larger gain will lead to a faster tracking rate but also a higher control costs. In 

order to obtain a proper trade-off between the tracking rate and control costs, these gains values are determined through trial-

and-error. The attractiveness of system (31) guarantees the convergence of d-axis current id and mechanical rotation speed ωm. 

Lastly, PCSMC for PMSG system (21) is designed as 

[
𝑢1
𝑢2
] = 𝐵0

−1 [
𝑖d
∗ − �̂�1(∙) − 𝜍1�̂�1 − 𝜑1sat(�̂�1, 𝜖c)

�̈�m
∗ − �̂�2(∙) − 𝜌1(�̂̇�m

∗ − �̇�m
∗ ) − 𝜍2�̂�2 − 𝜑2sat(�̂�2, 𝜖c)

]  (32) 

where control gains 𝜍1, 𝜍2, 𝜑1, and 𝜑2 are all positive. 

To this end, the overall control structure of PCSMC (29)-(32) is depicted by Fig. 3. Here, only the d-axis current 𝑖d and 

mechanical rotation speed 𝜔m need to be measured. Finally, the obtained control inputs are modulated through sinusoidal pulse 

width modulation (SPWM) [33]. 
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Fig. 3 The overall PCSMC framework of PMSG. 

 



 

 

5. Case Studies 

The MPPT performance of PCSMC is compared to both conventional VC [8] and SMC [22], under four scenarios, i.e., (a) 

Step change of wind speed; (b) Low-turbulence stochastic wind speed; (c) High-turbulence stochastic wind speed; and (d) 

PMSG parameter uncertainties. Moreover, control inputs u1 and u2 are limited among [-1.0, 1.0] per unit (p.u.). In addition, the 

PMSG system parameters and PCSMC parameters are tabulated in Table 1 and Table 2, respectively. Simulation environment 

is based on Matlab/Simulink 2016a. 

Table 1. System parameters of PMSG  

PMSG rated power 𝑃base 2 MW Field flux 𝐾e 136.25 V∙s/rad 

Radius of wind turbine R 39 m Pole pairs p 11 

d-axis stator inductance 𝐿d 3.75 mH  Air density 𝜌 1.205 kg/m3 

q-axis stator inductance 𝐿q 5.5 mH Rated wind speed 𝑣wind 12 m/s 

Total inertia 𝐽tot 10000 kg∙m2 Stator resistance 𝑅s 50 𝜇Ω 

Table 2. PCSMC parameters 

d-axis current 

control 

b11 = −1500 𝝇𝟏=10 𝝋𝟏= 8 𝜶𝟏𝟏= 40 𝜶𝟏𝟐= 400 

k11 = 15 k12 = 600 𝜖𝑜 = 0.2 𝜖c = 0.2  

Mechanical rotation 

speed control 

b22=−3000 𝜍2=15 𝜑2=12 𝜌1 = 150 𝜌2 = 1 

𝛼21=30 𝛼22=300 𝛼23=1000 𝑘21=20 𝑘22=600 

𝑘23=6000     

5.1. Step change of wind speed 

Four consecutive step changes of wind speed starting at 8 m/s and ending at 12 m/s (10 m/s2 rate) is applied to emulate a 

gust while a step change of d-axis current is studied. The wind speed curve and MPPT performance are provided in Fig. 4. One 

can readily observe that VC has the largest active power overshoots and the slowest tracking rate in comparison to that of SMC 

and PCSMC. In contrast, PCSMC is able to keep the power coefficient closest to its optimum, thus the maximum power can be 

extracted from wind. Moreover, it verifies that the d-axis current is fully decoupled from mechanical rotor speed, in which 

PCSMC can track the d-axis current reference with the highest rate. 

 

 

 



 

 

 
Fig. 4 System responses and control costs obtained under a step change of wind speed between 8 m/s to 12 m/s. 

 

 
Fig. 5 System responses obtained under a low-turbulence stochastic wind speed between 7 m/s to 11 m/s. 

5.2. Low-turbulence stochastic wind speed 

A low-turbulence stochastic wind speed varying from 7 m/s to 11 m/s, which simulates a general wind variation, is 

applied. The system responses are provided in Figure 5, which demonstrates that the power coefficient of PCSMC is the 

optimal among all as such wind speed randomness can be rapidly estimated by SMSPO in the real-time, and then fully 

compensated by the PCSMC. In addition, the control performance of VC varies dramatically at different wind speed, this is 

due to the fact that PID control cannot maintain a global control consistency. 



 

 

 

 
Fig. 6 System responses obtained under a high-turbulence stochastic wind speed between 6 m/s to 12 m/s. 

 

 
Fig. 7 Peak value variation of active power |Pe| obtained under a 1 m/s step change of wind speed from the rated value (12 m/s) with 20%  

uncertainties of stator resistance Rs and d-axis inductance Ld 

5.3. High-turbulence stochastic wind speed 

To mimic severe wind speed variations, e.g., high mountains, coastal areas, etc. [34-36]. A high-turbulence stochastic 

wind speed among 6 m/s to 12 m/s is adopted for MPPT evaluation, which results are illustrated in Fig. 6. It is clear that 

PCSMC can generate the highest power. Again, VC performs the worst among the three methods. Note that SMC needs much 

higher control costs than that of PCSMC due to its over-conservativeness. 

5.4. PMSG Parameter Uncertainties 

In order to investigate the robustness in the presence of PMSG parameter uncertainties, a series of stator resistance Rs and 

d-axis inductance Ld uncertainties with ±20% variation are investigated, in which a 1 m/s step change of wind speed is studied. 

Figure 7 depicts that the variation of |Pe| (which means the variation of active power compared to the one before the step) is 



 

 

16.1%, 10.4%, 7.8% by VC, SMC, and PCSMC respectively. As PCSMC can fully compensate the parameter uncertainties in 

real-time, it has the strongest robustness against generator parameter uncertainties among all approaches. 

5.5. Comparative Studies 

Integral of absolute error (IAE) indices [37,38] of each controller required in the first three cases are given in Table 3, 

where IAEx = ∫ |𝑥 − 𝑥∗|
𝑇

0
d𝑡. The simulation time T = 25 s. One can readily find that PCSMC has the lowest IAE indices (in 

bold) in all scenarios. More specifically, its IAE𝜔m obtained in low-turbulence stochastic wind speed is just 47.86% and 55.57% 

of that of VC and SMC, respectively.  

Table 3. IAE indices of different controllers obtained in different cases (p.u.). 

Case Step change of wind speed 
Low-turbulence stochastic 

 wind speed 

High-turbulence stochastic 

 wind speed 

Controller IAE index IAE𝜔m of mechanical rotation speed  

VC 1.46E-01 6.77E-01 9.87E-01 

SMC 1.08E-01 5.83E-01 8.41E-01 

PCSMC 7.65E-02 3.24E-01 3.24E-01 

Controller IAE index IAEid of d-axis current  

VC 1.58E-02 6.48E-03 8.21E-03 

SMC 1.31E-02 4.17E-03 6.55E-03 

PCSMC 9.85E-03 2.42E-03 3.96E-03 

At last, the control costs of all controllers required in three cases are demonstrated in Figure 8. Here, control costs mean 

the the overall integral of the sum of control outputs, e.g., ∫ (|𝑢1| + |𝑢2|)
𝑇

0
d𝑡. It is obvious to observe that PCSMC owns the 

lowest control costs thanks to the full compensation of perturbation in real-time thus the inherent over-conservativeness of 

SMC can be effectively avoided.  

 
Fig. 8 Overall control costs required by different controllers under three cases. 

 

 

6. HIL Experiment 

HIL experiment has been used to validate the effectiveness and implementation feasibility of advanced PMSG control 

systems [39-41]. 

An HIL experiment using dSpace is carried out, as shown in Fig. 9 and Fig. 10, respectively. In particular, PCSMC (32) is 

embedded on DS1104 board with a sampling frequency fc=1 kHz. Meanwhile, PMSG system (21) is implemented on DS1006 

board with a limit sampling frequency fs= 50 kHz [34].  
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Fig. 9 The configuration of HIL experiment. 
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Fig. 10 The hardware platform of HIL experiment. 

6.1 HIL results: Step change of wind speed 

Figure 11 compares the system responses obtained by both simulation and HIL experiment under step change of wind 

speed change. One can find that simulation results and HIL experiment results are quite similar to each other. 

 

 

 
Fig. 11 Simulation and HIL experiment results obtained under step change of wind speed. 



 

 

 

 
Fig. 12 Simulation and HIL experiment results obtained under low-turbulence stochastic wind speed. 

6.2 HIL results: Low-turbulence stochastic wind speed 

Under the same scenario of low-turbulence stochastic wind speed, Figure 12 illustrates that the MPPT performance of 

HIL experiment and simulation matches each other very well.  
6.3 HIL results: High-turbulence stochastic wind speed 

The same high-turbulence stochastic wind speed is applied, while Fig. 13 presents the obtained results. One can observe 

that the curves of HIL experiment and simulation are very close to each other. 

 

 
Fig. 13. Simulation and HIL experiment results obtained under high-turbulence stochastic wind speed. 

 



 

 

 

 

To this end, the results difference between simulation and HIL experiment is mainly due to the followings: 

• Uncertain measurement disturbances and noises in the HIL experiment: It is not considered in the simulation and mainly 

leads to the consistent oscillations of the HIL experiment results; 

• Discretization of the HIL experiment and sampling holding: It usually brings additional amount of tracking errors in 

comparison to continuous control in simulation; 

• Time delay of the real-time controller: The exact time relay is very difficult to know in HIL experiment. It usually leads to 

control performance degradation. 
7. Conclusions 

This paper develops PCSMC strategy for PMSG to achieve MPPT under different wind profiles. The main 

finds/contributions can be concluded as 

(1) An SMSPO is employed to rapidly estimate the combinatorial effect of PMSG nonlinearities, uncertain parameters, 

unmodelled dynamics, and stochastic wind speed variation online. Then, the estimated perturbation is fully cancelled by 

SMC to realize a globally consistent control performance, together with significant robustness thanks to the sliding-mode 

mechanism; 

(2) The over-conservativeness of SMC is effectively avoided through using the real-time estimate of perturbation. Hence, 

proper control costs can be realized with an improved error tracking performance; 

(3) PCSMC does not require an accurate PMSG model while only the mechanical rotation speed and d-axis current need to 

be measured. Moreover, their control are fully decoupled by the design of diagonal control gain matrix; 

(4) Case studies verify that PCSMC can achieve a global control consistency under various wind profile, together with the 

lowest overall control costs; 

(5) dSpace based HIL experiment validates the implementation feasibility of PCSMC. 

Future studies will be focused on the following two directions: 

(a) Apply PCSMC on the grid-side VSC to enhance the fault ride-through (FRT) capability of PMSG; 

(b) Undertake HIL experiment on a real PMSG to further validate the implementation feasibility of PCSMC. 
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