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Abstract—Load frequency control (LFC) of modern power
systems tends to employ open communication networks to
transmit measurement/control signals. Under a limited network
bandwidth, the continuous and high-sampling-rate signal trans-
mission will be prone to degradation of the LFC performance
through network congestion. This paper proposes a decentralized
control performance standards (CPSs)-oriented event-triggered
LFC scheme for power systems under constrained communi-
cation bandwidth. The proposed scheme comprises the event-
triggered LFC scheme and the CPSs-oriented regulation scheme.
In the CPSs-oriented regulation scheme, regulation rules are
designed to adjust the threshold parameter of the event-triggered
LFC scheme based on the North American Electrical Reliability
Council (NERC)’s CPS1 and CPS2. The rules generate a larger
threshold parameter to lower the triggering frequency in order to
reduce unnecessary transmission of measurement/control signals,
while ensuring the frequency and tie-lie power of the power
systems to meet the required CPS1 and CPS2 instead of the
asymptotic stability requirement in the existing research. The
reduced transmission of these signals lessens the communication
burden. In addition, the decentralized control strategy is used to
solve the problems of poor large scalability and computational
dimension caused by the centralized control strategy. The effec-
tiveness of the proposed scheme is evaluated on an IEEE 39-bus
test system with renewable energy sources.

Index Terms—Power systems, Load frequency control, Open
communication network, NERC’s CPS1 and CPS2, Event-
triggered control.

NOMENCLATURE
LFC Load frequency control
NERC North American Electrical Reliability Council
CPS1/2 Control performance standard 1/2
TT Time-triggered
ET, AET Event-triggered, adaptive event-triggered
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CPSO Control performance standards oriented
ACE Area control error
EDR Exponential decay rate
LMI Linear matrix inequality
TAMC Transmission amount of measurement/control

signals
NAL Numbers of |(ACEi)10min| ≤ L10−i
∆fi Frequency deviation
∆Pvi Valve position deviation
∆Pmi Generator mechanical output deviation
∆Pdi Load change
∆Ptie−i Net tie-line power flow deviation
βi Frequency bias factor
Ri Speed drop
Mi Moments of inertia of the generator
Di Damping coefficient of the generator
Tchi & Tgi Time constant of turbine and governor
Tij Tie-line synchronizing coefficient between area

i and area j

I. INTRODUCTION

The main objective of load frequency control (LFC) is
to balance the load and the generation in order to maintain
frequency and tie-line power with neighborhood areas at
scheduled values [1], [2]. The traditional LFC scheme employs
a dedicated communication channel to transmit measuremen-
t/control signals. However, it is noted in [3] that an effective
modern power system tends to use an open communication
network to support the increasingly decentralized property
of control services due to the introduction of renewable
energy sources and the increased interaction with the demand-
side response. Although an open communication network can
provide many advantages such as low cost and flexibility, its
introduction presents new challenges, including transmission
delays, packet losses and parametric uncertainties [4].

Much attention has been paid to the analysis/synthesis of
LFC with transmission delays, packet losses and parametric
uncertainties. For example, Yu et al. [5] developed a ful-
l state-feedback robust LFC scheme that can ensure good
performance despite indeterminate delays in the communi-
cation network. Jiang et al. carried out a series of work to
investigate the delay-dependent stability and obtain the time
delay margin for the PID-type LFC scheme [6]–[8]. Zhang
et al. [9] proposed a delay-dependent PID-type robust LFC
scheme for time-delay power systems, while Trip et al. [10]
introduced a passivity-based optimal LFC scheme to handle
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the parametric uncertainties based on slide-mode control.
Considering the sampling characteristic in practical LFC, Luo
et al. [11] explored the stability problem of LFC with both
sampling and transmission delays, while a robust PI-type
LFC scheme was proposed in [12]. Additionally, a switching
system-based approach was introduced to the LFC scheme
that is resilient to DoS attacks [13]. However, in an open
communication network with limited bandwidth, heavy usage
of bandwidth will aggravate the problems of transmission
delays, packet losses and parametric uncertainties. At this time,
the existing robust LFC schemes may not be effective. Note
that the practical communication network among generation
units faces the bandwidth constraint [14]. Additionally, the
LFC scheme may be embedded with microprocessors, which
usually run with limited computing capability and energy
resources [15]. Therefore, for modern power systems with
heavy transmission burdens, it would be desirable to design
an effective LFC scheme to reduce the communication and
computational burdens.

Recent literature reveals that there are two main methods
to reduce the transmission amounts of measurement/control
signals in communication networks. One way is to maximize
the sampling interval based on a time-triggered sampled-data
control scheme. Dahiya et al. [16] developed a larger sampling
interval for isolated hybrid power system, while a maximal ac-
ceptable sampling interval was obtained for multi-area power
systems in [17]. Another way is to change the trigger mech-
anism of data transmission. Wen et al. [15], [18] introduced
an event-triggered (ET) communication scheme to alleviate
communication burdens for multi-area power systems, where
the periodically sampled data are only transmitted when a
preset threshold condition is violated. As an improvement,
Dong et al. [19] proposed an ET control architecture for
LFC of multi-area power systems with supplementary adaptive
dynamic programming, while Liu et al. [20] proposed an
LFC scheme with the co-design of ET communication scheme
and distributed model-based controller. In addition, Peng et
al. [21] developed an adaptive event-triggered (AET) control
scheme, where the threshold parameter in the AET control
scheme can be adaptively adjusted to conserve more limited
network resources. Similar to [21], Li et al. [22] proposed an
AET-based sliding mode LFC for a multi-area interconnected
microgrid power systems, while Zhang e al. designed an AET
LFC scheme for multi-area uncertain power systems in [23].

The above control schemes, however, all focus on the
asymptotic stability for power system frequency and tie-
lie power. In fact, based on the North American Electrical
Reliability Council (NERC), the frequency and tie-lie power
only need to comply with control performance standard 1
(CPS1) and CPS2 [24]. The standards require frequency and
tie-lie power to fluctuate within a certain range, rather than
asymptotic stability, which undoubtedly relaxes the require-
ments of LFC design. The standards have been applied by
several scholars to guide the design of LFC to reduce the
wear and tear of the generating units. For example, Feliachi
et al. presented a CPS-compliant fuzzy logic rules-based LFC
scheme [25], [26], while Pappachen et al. introduced a control
performance standards oriented (CPSO) adaptive neuro-fuzzy

interface system controller for LFC of multi-area deregulat-
ed power systems [27]. However, these research endeavors
considered neither the event-triggered communication scheme
nor the transmission delay and sampling characteristics in
the open communication network environment. In addition,
most of the above control schemes (excluding [18]) are based
on centralized control strategies, where the processing and
communication infrastructure require limited scalability of the
multi-area power system, as noted in [4]. Moreover, the system
dimensions significantly increase with added control area. To
overcome these problems of the centralized LFC scheme,
the decentralized LFC scheme has been developed. Such a
scheme, which reduces the computational burden of passage
of the communication between different systems and makes
the control more feasible and simple, has been widely used in
LFC as reported in [28] and [29]. Therefore, it is desirable to
design a decentralized LFC scheme with the aid of the CPSs
to further reduce signal transmission.

Motivated by the above discussions, this paper develops
a CPSO-ET LFC scheme for power systems under limited
communication bandwidth. The main contributions of this
paper are as follows.

1) The proposed CPSO-ET LFC scheme consists of two
parts: the ET LFC scheme and the CPSO regulation
scheme. In the CPSO regulation scheme, the regulation
rules based on CPS1 and CPS2 are designed to adjust the
threshold parameter of the ET scheme.

2) CPS1 and CPS2 are used as the aim of the regulation
rules rather than the asymptotic stability condition, which
relaxes the constraints of the threshold parameter selec-
tion compared with the previous research in [15] and [21]
and ensures that the power system frequency and tie-lie
power meet the required CPS1 and CPS2.

3) The selection of a large threshold parameter in the ET
scheme lowers the triggering frequency to further reduce
the unnecessary transmission of measurement/control sig-
nals. This approach significantly alleviates communica-
tion burden.

4) The decentralized control strategy is applied for the
distributed power system in this paper instead of the
centralized control strategy used in [15] and [21], which
reduces the computational complexity and improves the
scalability of the system.

The remainder of this paper is organized as follows. Section
II presents the decentralized ET LFC model. Section III
describes the design procedure of the proposed CPSO-ET LFC
scheme. In Section IV, case studies based on the IEEE 39-
bus test system are shown to verify the effectiveness of the
proposed scheme. The conclusion is presented in Section V.

II. MODELING FOR DECENTRALIZED ET LFC
In this section, a decentralized ET LFC model of a multi-

area power system is constructed.

A. Decentralized LFC Model with Communication Networks
The linearized LFC transfer function model of control area

i of an N-area power system is demonstrated in Fig. 1,
which includes governor, turbine, rotating mass and load,
tie-line power, and communication channel, where vi =
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∑n
j=1,j 6=i Tij∆fj ; ACEi represents the area control error

(ACE) of the ith area of the power system and is the linear
combination of ∆fi and ∆Ptie−i, i.e., ACEi = βi∆fi +
∆Ptie−i. Assume that the generator is equipped with a non-
reheat turbine.

Fig. 1. LFC structure of control area i of N-area power systems

The decentralized control strategy is applied to the multi-
area LFC scheme. The interactions between different areas,
i.e., vi, are treated as disturbances for every area. This means
that every control area is independent and has its own LFC
center to maintain the balance of generation and load. We then
represent the LFC scheme of area i as the following state space
model [1]:{

˙̄xi(t) = Āix̄i(t) + B̄iui(t) + F̄iωi(t)
ȳi(t) = C̄ix̄i(t)

(1)

where
x̄Ti = [∆fi ∆Ptie−i ∆Pmi Pvi], ui = ∆Pci, ȳi = ACEi

ωi = [∆Pdi vi]
T , B̄i = [0 0 0 1

Tgi
]T , C̄i = [βi 1 0 0]

Āi=


−Di

Mi
− 1
Mi

1
Mi

0

2π
∑N
j=1,j 6=i Tij 0 0 0

0 0 − 1
Tchi

1
Tchi

− 1
R1iTgi

0 0 − 1
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 F̄i =

− 1
Mi

0
0 −2π
0 0
0 0

 .
If there are n generators, which are all responsible for the
secondary frequency control task, then the control input ∆Pci
will be assigned to every generator according to participation
factor αki. The multi-generator LFC model of every control
area can be found in Ref. [9].

The following PI-type controller is chosen{
ȳi(t) = ACEi(t)
ui(t) = −KPiȳi(t)−KIi

∫
ȳi(t)

(2)

where KPi and KIi are the proportional gain and integral
gain, respectively. Note that the output signal ȳi(t) cannot be
directly used due to the characteristic of periodic sampling and
the communication delay in the communication network. The
attainable ȳi(t) can be written as follows.
ȳi(t) = ȳi(kh), t ∈ [kh+ τkh,i, (k + 1)h+ τ(k+1)h,i) (3)

where k = 0, 1, 2, · · · , τkh,i = τsckh,i + τ cakh,i ≤ τM ; τkh,i is
the sum of the network-induced delays τsckh,i (from sensor to
controller) and τ cakh,i (from controller to actuator); τM is the
known maximum sum of the delays; and h is the sampling
period. By combining (2) with (3), for t ∈ [kh + τkh,i, (k +
1)h+ τ(k+1)h,i), the PI controller is designed as

ui(t) = ui(kh) = −KPiȳi(kh)−KIi

∫
ȳi(kh) (4)

Defining xi(t) = [x̄Ti (t)
∫
ȳTi (t)]T and yi(t) =

[ȳTi (t)
∫
ȳTi (t)]T and substituting (4) into (1), the closed-loop

LFC model of area i can be formalized as{
ẋi(t)=Aixi(t)−BiKiCixi(kh) + Fiωi(t)
yi(t)=Cixi(t), t ∈ [kh+ τkh,i, (k + 1)h+ τ(k+1)h,i)

(5)

where k = 0, 1, 2, · · · , Ki = [KPi KIi] and

Ai =

[
Āi 0
C̄i 0

]
, Bi =

[
B̄i
0

]
, Ci =

[
C̄i 0
0 1

]
, Fi =

[
F̄i
0

]
.

B. ET LFC Scheme

The following ET algorithm [21] is applied in LFC to decide
the future transmitted sampling instant tk+1h.{

tk+1h = tkh+ minj∈N{jh|∂1(jh)}
∂1(jh) :yTe (ijh)$iye(ijh)−δiyTi (tkh)$iyi(tkh) > 0

(6)

where δi is the threshold parameter; $i is a positive definite
weighting matrix; and ye(ijh) = yi(ijh) − yi(tkh), ijh =
tkh+jh, j ∈ N, tk(k = 0, 1, 2, . . .) are some integers such that
{t0, t1, t2, . . .} ⊂ {0, 1, 2, . . .}. Based on (5), yi(t) = Cixi(t),
so condition (6) can be rewritten as{

tk+1h = tkh+ minj∈N{jh|∂2(jh)}
∂2(jh) : eT (ijh)Ωe(ijh)− δixTi (tkh)Ωxi(tkh) > 0

(7)

where Ω = CTi $iCi; e(ijh) = xi(ijh)− xi(tkh). Under this
scheme, the sampling data in (3) cannot be transmitted over
the communication networks unless condition (7) is satisfied.
Then, the PI control law can be written as
ui(t)=ui(tkh) = −Kiyi(tkh) = −KiCixi(tkh), t ∈ Π (8)

where Π = [tkh+ τtkh,i, t(k+1)h+ τt(k+1)h,i). The interval Π
is divided into the following subsets Πj

Π =
⋃

Πj , Πj = [ijh+ τtk , ijh+ h+ τtk+j ]

where ij = tk + j, j = 0, 1, . . . , tk+1 − tk − 1, and

τtk+j =

{
τtk , j = 0, 1, . . . , tk+1 − tk − 2
τtk+1

, j = tk+1 − tk − 1
Define ς(t) = t − ijh, t ∈ Πj . It is clear that ς(t) is a
piecewise-linear function satisfying ς̇(t) = 1, τtk ≤ ς(t) ≤
h + τtk+j ≤ ς̄ = h + τM when t 6= ijh + τtk . Additionally,
the control law (8) can be rewritten as
ui(t)=ui(tkh)=KiCi(e(ijh)− xi(t− ς(t))), t ∈ Πj (9)

By replacing (4) with (9), the ET LFC model of area i can be
formulated as{
ẋi(t)=Aixi(t)+BiKiCi(e(ijh)−xi(t−ς(t)))+Fiω(t)
yi(t)=Cix(t), t ∈ Πj

(10)

The initial condition of x(t) on [τt0 − ς̄ , τt0 ] is supplemented
as x(t) = ϕ(t), t ∈ [τt0 − ς̄ , τt0 ], with ϕ(τt0) = x(τt0) = x0,
where ϕ(t) is a continuous function [31].

Fig. 2. CPSO-ET LFC scheme

III. DESIGN OF CPSO-ET LFC SCHEME
The proposed scheme comprises two parts, as shown in Fig.

2. One is the ET LFC scheme, which determines the next
triggering time tk+1h by analyzing δi(t), yi(kh) and yi(tkh).
δi(t) is the threshold parameter of the ET algorithm; yi(kh)
represents the periodically sampled data of yi(t); and yi(tkh)
represents the latest updated data of yi(t). The other part
is the CPSO regulation scheme, which adjusts the threshold
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parameter δi(t) based on online evaluations of CPS1 and
CPS2. To complete the design of the proposed scheme, the
basic thing is to develop gains of PI controller, initial threshold
parameter and weighting matrix to ensure the stability of the
ET LFC scheme. Then, based on the stable ET LFC schemes,
the threshold parameter is adjusted by evaluating CPS1 and
CPS2 rather than the stability of the whole system.
A. Design of ET LFC scheme

Motivated by the fast LFC design in [17], the exponential
stabilization condition of the ET LFC scheme is derived to
obtain the gains of the PI controller with a certain dynamical
performance.

Theorem 1: Consider system (10) with ω(t) = 0. For given
sampling period h, transmission delay τM , exponential decay
rate (EDR) λ, threshold parameter δ and tuning parameters
a and b, system (10) is exponentially stable with an EDR
λ if there are symmetric matrices (P̂2)2r×2r, (Ẑ)r×r and

(X̂)2r×2r =

[
X̂1 + X̂T

1 −X̂1 − X̂2

∗ X̂2 + X̂T
2

]
, and symmetric pos-

itive definite matrices (P̂1)2r×2r, (P̂3)r×r, (Ω̂)r×r and any
appropriately dimensioned matrices Ŝ, M̂ and Y = KiCiŜ

T ,
for f = 1, 2 such that the following linear matrix inequalities
(LMIs) hold

Ξ̂1f =ψ̂1 + Γ̂f + hψ̂2 < 0 (11)

Ξ̂2f =

[
ψ̂1 + Γ̂f −hΥ̂T

2 M̂
∗ −hẐ

]
< 0 (12)

where
ψ̂1 =Sym

{[e1e3]T P̂1

[e5e4]+ΥT
2 M̂(e1 − e2)

}
−
[e3e2]T X̂ [e3e2]

+
[e1e5]T P̂2

[e1e5]− [e3e4]T P̂2

[e3e4]+ τMe
T
5 P̂3e5

− 1
τM

(e1 − e3)
T
P̂3(e1 − e3) + δeT2 Ω̂e2 − eT6 Ω̂e6

Γ̂f =Sym{Υ̂T
1 Υ̂3(e5 − (Ai + λI)e1 − ρfBiY (e6 − e2))}

ψ̂2 =eT4 Ẑe4+Sym
{[e3e2]TX̂[ e4

0r×6r

]}
, ρ1 = eλτM , ρ2 = eληM

el =
[
0r×(l−1)rIr0r×(6−l)r

]
, l = 1, · · · , 6, Υ̂3 =[Ir; aIr; bIr]

Υ̂1 =
[
eT1 (e6 − e2)T eT5

]T
, Υ̂2 =

[
eT1 · · · eT6

]T
and r is the dimension of matrix Ai in system (10); I and 0
represent the identity matrix and a zero matrix, respectively;
the superscript T represents the transpose, the superscript −1
represents the inverse, and diag{· · · } stands for a block-
diagonal matrix; the notation ∗ always denotes the symmetric
block in a symmetric matrix; for any square matrix A, we
define Sym{A} = A+AT ; and if the dimensions of matrices
are not explicitly stated, they are assumed to have compatible
dimensions for algebraic operations.

Moreover, controller gains Ki can be calculated by
Ki = Y (ŜT )−1CTi (CiC

T
i )−1. (13)

The proof is shown in Appendix A.
Note that the margin δM of the threshold parameter that

ensures the stability of the ET LFC scheme can be obtained
by Steps 1 and 2 in following Algorithm 1. Then, the initial
threshold δi(0) in the following CPSO regulation scheme
belongs to (0, δM ].
B. Design of the CPSO regulation scheme

We first revisit the concepts of CPS1 and CPS2 in NERC
[24]. CPS1 assesses the impact of ACE on frequency over
12-month window or horizon and it is expressed as

CPS1i = (2− CFi)× 100% (14)

where CFi = AV G12−month[(CFi)1] is a compliance factor
of area i and

(CFi)1 =

[(
ACEi
−10βi

)
1

(
∆fi
ε21

)
1

]
(15)

where ε1 represents the targeted frequency bound for CPS1
and (·)1 is the clock-1-min average. To comply with NERC,
CPS1 should not be less than 100%. CPS2 requires the 10-min
averages of a control area’s ACE to be less than a constant
(L10−i) given in the equation below.

(ACEi)10min ≤ L10−i = 1.65ε10
√

(−10βi)(−10βs) (16)
where(ACEi)10min is the 10-min average of the area’s ACE,
βs is the summation of the frequency bias of all control
areas in the considered interconnection, and ε10 is the targeted
frequency bound for CPS2. To comply with this standard, each
control area needs to have its compliance no less than 90%. A
compliance percentage is calculated by the following equation

CPS2i=100

(
1− Num((ACEi)10min > L10−i)

Num(all|(ACEi)10min)

)
% (17)

where Num((ACEi)10min > L10−i) denotes the number of
(ACEi)10min that satisfies (ACEi)10min > L10−i in one
month, and Num(all|(ACEi)10min) represents the number
of all (ACEi)10min in one month.

As shown in event-triggered condition (7), the triggering
frequency depends on the threshold parameter. The larger the
threshold parameter, the more difficult it is to trigger, which
reduces more unnecessary signal transmission. Now, we are in
a position to introduce the CPSO regulation scheme to adjust
the threshold parameter.

The power system frequency and ACE are measured peri-
odically and then averaged statistically to evaluate CPS1 and
CPS2 based on their definitions. The objective of CPS1 is
to ensure that the average CFi of 1-minute average (CFi)1
during a 12-month period is not higher than 1, while the
objective of CPS2 is to ensure that the 10-minute average of
ACE is less than L10−i. It is obvious that if (CFi)1 ≤ 1 and
the ACE of every sampling time (ACEi)kh ≤ L10−i, then the
objectives of CPS1 and CPS2 can be achieved, respectively.
Therefore, the (CFi)1 and (ACE)kh are measured and are
compared with the given constants 1 and L10−i, respectively,
to design the following regulation rules. The rules are divided
into two parts. The first part is based on the measurements of
(ACE)kh of CPS2.

Θi(kh)=


δi((k − 1)h)+

2δi(0)

π
atan

(
10Φi
δi(0)

)
,Φi > 0

δi((k − 1)h)

(
1+

2

π
atan (δi(0)Φi)

)
,Φi ≤ 0

(18)

where δi(0) is the initial preset threshold parameter; Φi =
L10−i − (ACEi)kh. By comparing (ACEi)kh and L10−i at
every sampling instant, if Φi ≤ 0, Θi(kh) will be reduced to

1+
2

π
atan (δi(0)Φi) times the threshold parameter δi((k−1)h)

at the previous sampling instant (k − 1)h; if Φi > 0, Θi(kh)

will increase by
2δi(0)

π
atan

(
10Φi
δi(0)

)
.

Then, the second part is based on the measurements of
(CFi)1 of CPS1.

δi(kh) = min{δ̄i, ηi(kh)Θi(kh)} (19)
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where

ηi(kh) =

{
1, (CFi)1 < 1

1− 2α

π
atan [(CFi)1 − 1] , (CFi)1 ≥ 1

(20)

and α is the controllable parameter with 0 < α ≤ 1, and δ̄i is
the preset maximum of δi(t). If (CFi)1 ≥ 1, then ηi(kh) < 1
and δi(kh) will decrease; if (CFi)1 < 1, then ηi(kh) = 1 and
δi(kh) will be equal to the minimum between δ̄i and Θi(kh).

Remark 1: The rules are determined artificially based on
the atan function and the input of online measurements
(CFi)1 and (ACEi)kh. This is similar to the reward and
punishment mechanism to regulate threshold parameter based
on the difference between the measurements and the required
values. Note that the function atan(·) has the lower and upper
bounds: that is, atan(·) ∈ (−π/2, π/2). This property is
effectively used in equation (18) to adjust the event-triggered
threshold parameter [21]. Additionally, δi(0) is used here to
regulate the sensitivity of the rule: that is, the smaller δi(0)
is, the lower the sensitivity is.

Remark 2: In the AET LFC scheme [21]–[23], the regulation
rules are derived to regulate the threshold parameter based on
system output yi(kh), which is still limited to the asymptotic
stability of frequency and ACE. In this paper, CPS1 and CPS2
are used to guide the regulation rules, which guarantees CPS1
and CPS2 of the power system and relaxes the constraint of
the selection of threshold parameters.

Remark 3: Note that the values of (CFi)1 do not rapidly
decrease immediately when disturbances or system faults
occur. Due to the inherent characteristic of large inertia in
LFC, the changes in frequency and the tie-line power of the
system are slow. Additionally, (CFi)1 is the 1-minute average
of the measurements of the frequency and tie-line power.
Within one minute, the abnormal changes in the frequency
and tie-line power in a short time can be compensated by
other normal values.
C. CPSO-ET LFC scheme

In this subsection, we introduce the following Algorithm
1 to explain the detailed design procedure of the proposed
scheme to obtain the necessary transmission instant tkh
based on the ET LFC scheme and CPSO regulation scheme.

Algorithm 1: Obtain the transmission instant tkh.
Step 1 Preset initial parameters: Ai, Bi, Ci, τM , h and λ.
Step 2 Find δi(0), Ki and $i.

1) Initialize the search interval [δmin, δmax] with δmin = 0
and large enough number δmax and select the accuracy
coefficient δac = 0.0001.

2) Check the feasibility of LMIs (11) and (12) under
δtest = (δmin + δmax)/2. If (11) and (12) are feasible,
set δmin = δtest; else, set δmax = δtest.

3) If |δmin−δmax| ≤ δac, obtain the maximal δM = δmin.
If δM > 0, then obtain δi(0) = δM and go to 4); else,
no feasible δi(0).

4) Obtain matrices Ŝ, Y and Ω from LMIs (11) and (12).
Calculate Ki and $i from equation (13) and $i =
(CiC

T
i )−1CiΩC

T
i (CiC

T
i )−1, respectively.

Step 3 Set the defaults: h, τM , Ki, δi(0), $i, δ̄, α, yi(t0h) = 0, the
stored transmission signal yi(sh) = yi(t0h), and k = j = 1.

Step 4 Monitor and store ACEi(jh), ∆fi(jh). Then, derive
yi(jh). Calculate Φi and obtain Θi(jh) based on equation
(18). Then, calculate ηi(jh) and derive δi(jh) based on
equations (19) and (20).

Step 5 Based on the current yi(jh) and the stored transmission
signal yi(sh), calculate the value of ye(jh), ye(jh) =
yi(jh)− yi(sh) and find the transmission instant tkh.
1) Based on the values of $i, δi(jh) and ye(jh) and the

ET condition (6), obtain inequality ∂1(jh).
2) If inequality ∂1(jh) is satisfied, output and store trans-

mission signal yi(jh), and take tkh as the transmission
instant, and tk = j. Then, update the stored transmission
signal yi(sh) = yi(tkh), and set k = k+1 and j = j+1.
If not, set j = j + 1. Repeat Steps 4 and 5.

Remark 4: The PI controller gains and initial threshold
parameters obtained by Theorem 1 ensure the stability of
the ET LFC system when the CPSO regulation scheme is
not used. When the regulation scheme is used, it adjusts
the threshold parameters in ET LFC based on the online
measurements of CPS1 and CPS2 to influence whether the
measurement/control signals are updated and does not change
the PI controller gains. The regulation scheme ensures the
power system frequency and tie-line power to fluctuating
within an acceptable range to meet CPS1 and CPS2 of NERC,
which guarantees that the output of the system is bounded.

Remark 5: Compared with ET LFC based on the centralized
control strategy in [21]–[23], the proposed scheme based on
the decentralized control strategy ensures scalability in large-
scale interconnected power systems. The power systems are
divided into different control areas. The corresponding control
and communication parameters in the proposed scheme can
be obtained by Algorithm 1 for different control areas. In the
CPSO regulation scheme, the controller gains are constant and
only the threshold parameters are regulated.

IV. CASE STUDIES
In this section, case studies are carried out based on an IEEE

39-bus test system to illustrate the superiority of the proposed
LFC scheme in reducing the communication burden, as well
as the effectiveness of ensuring that the system frequency and
ACE satisfy the CPSs of NERC.

Fig. 3. Single-line diagram of IEEE 39-bus test system.
A. IEEE 39-Bus Test System

The IEEE 39-bus test system is shown in Fig. 3. The test
system is modified by adding four sections of renewable ener-
gy sources, i.e. two photovoltaic (PV) power stations in buses
5 and 26, and two wind farms in buses 19 and 22. This system
consists of 10 generators, 19 loads, 34 transmission lines, and
12 transformers. The generators are equipped with excitation
and power system stabilizer units. The power system is divided
into three control areas. Assume that every generator in each
area is responsible for the secondary frequency regulation
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task. The simulation parameters for the generators, loads, lines
and transformers are given in [34]; the parameters of wind
turbine and PV are given in 24-hour simulation of a Vehicle-
to-Grid System in MATLAB(2015a); and the parameters of
the governor, the turbine and the participation factor of every
generator are shown in Table I. The generation rate constraints
for every generator are considered to be ±0.1 pu/min.

TABLE I
PARAMETERS OF GOVERNOR, TURBINE AND PARTICIPATION FACTOR

Area 1 α11=0.2, α21=α31=0.4, Tch1=0.3, Tg1=0.1
Area 2 α12=α42=0.2, α22=α32=0.3, Tch2=0.35, Tg2=0.17
Area 3 α13=α23=0.2, α33=0.6, Tch3=0.4, Tg3=0.2

B. Implementation of The CPSO-ET Scheme
Assume sampling period and the maximal acceptable trans-

mission delay are 4s and 1s , respectively, in each control area
of the power system. The EDRs are set to 0.1, 0.08 and 0.1 in
areas 1, 2 and 3, respectively. Then we obtain the following
parameters based on Algorithm 1:

δi(0) Ki $i

Area 1 0.0235 -[0.2257 0.1197]
[

0.0626 −124.50
−124.50 9.10e+ 05

]
Area 2 0.0235 -[0.0380 0.1793]

[
1.0950 −1396.30
−1396.30 2.97e+ 06

]
Area 3 0.0235 -[0.0401 0.1196]

[
0.2156 −153.10
−153.10 2.10e+ 05

]
These parameters are applied to the CPSO-ET scheme. To

demonstrate the superiority in reducing the communication
burden, we compare the following three LFC schemes: 1)
the ET LFC scheme is proposed in Wen et al. [15]; 2) the
AET LFC scheme is introduced in Peng et al. [21]; and 3) the
CPSO-ET LFC scheme is proposed in this paper. Moreover,
we test the cases with the time-triggered (TT) LFC scheme
and without the LFC scheme.

Fig. 4. Random changes in cumulative load of every area in three areas.

Fig. 5. Total wind power and solar power in three areas.
C. Simulation and Evaluation

Under δ̄ = 3, h = 4s, α = 0.1 and τM = 1s, the system
is tested with random load disturbances and intermittent fluc-
tuations of wind power and solar power within one day. The
random changes in cumulative load of every area are shown
in Fig. 4, and the intermittent fluctuations of wind power and
solar power are plotted in Fig. 5.

The frequency deviation and control input for generator 1
(G1), the threshold parameters and the transmission instant
of area 1 are shown in Figs. 6-9, respectively. The responses
in areas 2 and 3 are similar and omitted. The transmission

amount of measurement/control signals (TAMC) of every
area for different LFC schemes are shown in Table II. For
comparison, the TAMC of the TT LFC scheme are listed in
Table II. Moreover, the values of (CFi)1 in CPS1 definition
within one day are shown in Fig. 10, and the numbers of
|(ACEi)10min| ≤ L10−i (NAL) in CPS2 definition within
one day are displayed in Table II.

TABLE II
TAMC AND NAL FOR CPS2 WITHIN ONE DAY IN DIFFERENT SCHEMES

CPSO-ET AET ET TT no LFC
TAMC NAL TAMC NAL TAMC NAL TAMC NAL NAL

Area 1 916 144 2580 144 3031 144 21600 144 10
Area 2 4842 144 8599 144 9534 144 21600 144 10
Area 3 2494 144 4911 144 5718 144 21600 144 10

Fig. 6. Frequency deviation of area 1 for different control schemes.

Fig. 7. Control output for generator 1 of area 1 for different control schemes.

Fig. 8. Threshold parameters of area 1 for CPSO-ET and AET schemes.

Fig. 9. Transmission instant of area 1 for different control schemes.

Fig. 10. (CFi)1 of area 1 for different control schemes.
As presented by Fig. 8, the proposed scheme obtains larger

threshold parameters of the ET scheme at most sampling
instants to lower the triggering frequency. Additionally, the
proposed scheme effectively adjusts the threshold parameters
and maintains a stable value, while the threshold parameters in
the AET LFC scheme change dramatically. In Figs. 7 and 9
and Table II, the proposed scheme significantly reduces the
unnecessary amounts of measurement/control signals trans-
mission. Specifically, the TAMC of areas 1, 2, and 3 are
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reduced by 64.50%, 43.69%, and 49.22%, respectively, com-
pared with those in the AET scheme. The frequency deviation
in the proposed scheme is slightly larger than those in the
AET and ET schemes from Fig. 6. The values of (CFi)1
in the proposed scheme are similar to those in the AET and
ET schemes from Fig. 10. By making a simple calculation,
the average value of (CFi)1 during one day is 191.73% and
satisfies the requirement of CPS1. Additionally, the NAL in
the proposed scheme are 144 and same as those obtained
by the AET and ET schemes for every area from Table II.
This meets the requirement introduced in (16) in CPS2. These
results demonstrate the effectiveness of the proposed scheme.

D. Discussion
1) The use of the proposed scheme will be accompanied

by sacrificing more system dynamic performance than the
existing schemes. This results in performance degradation over
some short periods, i.e., the values of (CFi)1 below 100%,
as shown in Fig. 10. Based on the CPSO-ET scheme, the
occurrence of performance degradation can drive the thresh-
old parameter to decrease, thereby increasing the triggering
frequency. Then it can increase the transmission amount of
control signals at a fixed time interval so that the actuator
can receive more updated control signals to timely adjust the
system state to improve the system control performance and
meet the requirements of CPSs.

2) Due to the large difference of the generation and load
and the intermittently updating of the control signals based
on the ET condition (7), the adjacent control output vary
greatly. This will cause a sharp change in control input to the
actuator. In the practical LFC scheme, the controller output
is generally accompanied by a device with the limitations
of both the amplitude and the rate-of-change. It limits the
excessive change of the controller output to reduce the impact
on the actuator. Like most LFC schemes in [5]–[23], the
relevant nonlinear characteristics, including the limitations of
the controller output and the inherent physical constraint of
generation rate, are not considered in the design of the pro-
posed control scheme, since the LFC itself is a slow regulation
process and considering these nonlinear characteristics in the
controller design is complex. Then, to valid the effectiveness
of the proposed control scheme, these nonlinear constraints are
added in the simulation tests. Moreover, the proposed scheme
shows advantages in coping with performance degradation
caused by these constraints in comparison with the existing
schemes, since it can maintain the requirements of CPS1 and
CPS2 under the action of the CPSO parameter regulation. A
certain degree of performance degradation caused by these
nonlinear constraints will not affect the feasibility of the
proposed scheme.

3)To better or completely overcome the effects of the
nonlinear characteristics, Baiomy et al. [35] presented effective
control methods for linear systems by considering directly the
amplitude- and rate-saturated characteristic in the controller
design. Based on the methods in [35], the proposed scheme
in this paper can be improved by considering directly the
nonlinearities of the controller output and the generation rate
constraint in the controller design, and will be our future

research work. Moreover, some power systems require wind
power generators to participate in the frequency regulation
[36]. How to modify the proposed scheme with the frequency
regulation support provided by the wind power generators is
an interesting research direction.

V. CONCLUSIONS

In this paper, a decentralized CPSO-ET LFC scheme has
been proposed for multi-area power systems under limited
communication bandwidth. The proposed scheme effectively
reduces the usage of communication network bandwidth, while
ensuring that the frequency and tie-line power of power
systems satisfy CPS1 and CPS2 of NERC. In addition, the
use of decentralized control strategy ensures the scalability
of the proposed scheme in large-scale interconnected power
systems. The effectiveness of the proposed scheme has been
validated based on the IEEE 39-bus system simulation test.

APPENDIX A
PROOF FOR THEOREM 1

Choose a Lyapunov-Krasovskii functional as follows
V (xi(t)) = V1(t) + V2(t) (21)

where

V1(t)=ξ1
TP1ξ1+

∫ t

t−τM
ξ2
TP2ξ2ds+

∫ 0

−τM

∫ t

t+θ
ẋTi (s)P3ẋi(s)dθds

V2(t)=hd(t)ξ3
TXξ3 + hd(t)

∫ t−τM

t−ς(t)
ẋTi (s)Zẋi(s)ds

with hd(t) = ηM − ς(t), ηM = h + τM , ξ1 =
[
xi
T (t) xi

T (t− τM )
]T ,

ξ2 =
[
xTi (s) ẋTi (s)

]T , and ξ3 =
[
xTi (t− τM ) xTi (t− ς(t))

]T . The
matrices Pi with i = 1, 2, 3, X and Z are defined as Theorem 1 without
superscriptˆ .

For system (10) with ωi(t) = 0, any matrix L satisfies the following
zero-equation based on the free-weight-matrix technique:

0=2ξT4 L (ẋi(t)−Aixi(t)−BiKiCi(e(ijh)−xi(t− ς(t)))) (22)
Based on Newton-Leibnitz formula, one can obtain

∫ t−τM
t−ς(t) ẋi(s)ds = xi(t−

τM ) − xi(t − ς(t)). Similarly, any matrix M satisfies the following zero-
equation based on the free-weight-matrix technique,

0=2ξTM

(
xi(t− τM )− xi(t− ς(t))−

∫ t−τM

t−ς(t)
ẋi(s)ds

)
(23)

where ξ4 = [xTi (t), xTi (t − ς(t)), ẋTi (t)]T and ξ = [xTi (t), xTi (t −
ς(t)), xTi (t−τM ), ẋTi (t−τM ), ẋTi (t), e(ijh)T ]T . Then, calculating the
derivative of V (xi(t)) along the trajectory of system (10), one can obtain

V̇1(xi(t)) =2ξT1 P1ξ1 + τM ẋ
T
i (t)P3ẋi(t)−

∫ t

t−τM
ẋTi (s)P3ẋi(s)ds

+

[
xi(t)
ẋi(t)

]T
P2

[
xi(t)
ẋi(t)

]
−
[
xi(t− τM )
ẋi(t− τM )

]T
P2

[
xi(t− τM )
ẋi(t− τM )

]
V̇2(xi(t)) =− ξT3 Xξ3 −

∫ t−τM

t−ς(t)
ẋTi (s)Zẋi(s)ds

+ hd(t)(2ξ
T
3 Xξ̇3 + ẋTi (t− τM )Zẋi(t− τM ))

Next, use Jensen inequality to estimate integral items of P3

−
∫ t

t−τM
ẋTi (s)P3ẋi(s)ds

≤ −
1

τM
(xi(t)− xi(t− τM ))TP3(xi(t)− xi(t− τM ))

and add zero-equations (22) and (23) and the ET condition (7) into the
derivative. This yields

V̇ (xi(t)) =
hd(t)

h
ξTΞ1ξ +

1

h

∫ t−τM

t−ς(t)

[
ξ

ẋi(s)

]T
Ξ2

[
ξ

ẋi(s)

]
ds (24)

where
Ξ1 =ψ1 + Γ + hψ2 (25)

Ξ2 =

[
ψ1 + Γ −hΥT2 M
∗ −hZ

]
(26)

with Γ = Sym{ΥT1 L(e5−Aie1−BiKiCi(e6−e2))}; the other parameters
are given in Theorem 1 without superscriptˆ . It should be noted that V2(t)
is a looped functional, and V2(t− ς(t)) = 0 for k = 0, 1, 2, . . .. If Ξ1 < 0
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and Ξ2 < 0 hold, V̇ (xi(t)) < 0. System (10) is then asymptotically stable
according to Theorem 1 in [32].

Next, define x̂i(t) = eλtxi(t). Since eλς(t) ∈ [ρ1, ρ2], system (10) can
be represented in the following polytopic form:

˙̂xi(t)=

2∑
j=1

µj(t){(Ai+λI)x̂i(t)+ρjBiKiCi(ê(ijh)−x̂i(t−ς(t)))} (27)

where ê(ijh) = x̂i(ijh)− x̂i(tkh), µ1(t) = (ρ2 − eλς(t))/(ρ2 − ρ1) and
µ2(t) = (eλς(t) − ρ1)/(ρ2 − ρ1). Note that the LMIs Ξ1 <0 and Ξ2 <0
are affine in the system matrices. Therefore, to guarantee asymptotic stability
of system (27), we have to simultaneously solve LMIs Ξ1 <0 and Ξ2 <0 for
the two vertices of system (27) given by ρ1BiKiCi and ρ2BiKiCi, where
the same decision matrices are applied.

Then, updating the system matrices of LMIs Ξ1 <0 and Ξ2 <0 with
system (27) in the two vertices of ρ1BiKiCi and ρ2BiKiCi, we can obtain

Ξ1f =ψ1 + Γf + hψ2 < 0 (28)

Ξ2f =

[
ψ1 + Γf −hΥT2 M
∗ −hZ

]
< 0 (29)

with f = 1, 2, Γf = Sym{ΥT1 L(e5−(Ai+λI)e1−ρfBiKiCi(e6−e2))}
and the other parameters given in Theorem 1 without superscriptˆ. Based on
the above proof process and the polytopic characteristic, if LMIs Ξ1f < 0 and
Ξ2f < 0 hold, system (27) is asymptotically stable. In this case, following
the exponential stability analysis method for the sampled-data system in [33],
system (10) is exponentially stable.

Finally, define L = [S; aS; bS] with tuning parameters a and b, Ŝ = S−1,
P̂3 = ŜP3ŜT ,Ω̂ = ŜΩŜT ,Ẑ = ŜZŜT ; P̂1, P̂2 and X̂i are defined by
pre- and post-multiplying both sides of P1, P2 and Xi with diag{Ŝ, Ŝ}
and its transpose, respectively; M̂ = diag{Ŝ, Ŝ, Ŝ, Ŝ, Ŝ, Ŝ}MŜT ; pre-
and post-multiplying (25) by diag{Ŝ, Ŝ, Ŝ, Ŝ, Ŝ, Ŝ} and its transpose, re-
spectively; and pre- and post-multiplying (26) by diag{Ŝ, Ŝ, Ŝ, Ŝ, Ŝ, Ŝ, Ŝ}
and its transpose, respectively. To develop the controller gains, we define
Y = BiKiCiŜ

T to transform the non-LMIs form into the LMIs form. One
can obtain Ξ̂1f and Ξ̂2f . Then if Ξ̂1f < 0 and Ξ̂2f < 0 hold, system (10) is
exponentially stable with an EDR λ. Moreover, the gains of the PI controller
can be calculated by Ki = Y (ŜT )−1CTi (CiC

T
i )−1. This completes the

proof.
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