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Abstract
A measurement of the phase difference between the short- and long-distance contributions to the B + → K + µ+ µ− decay is performed by analysing the dimuon
mass distribution. The analysis is based on pp collision data corresponding to an
integrated luminosity of 3 fb−1 collected by the LHCb experiment in 2011 and 2012.
The long-distance contribution to the B + → K + µ+ µ− decay is modelled as a sum of
relativistic Breit–Wigner amplitudes representing different vector meson resonances
decaying to muon pairs, each with their own magnitude and phase. The measured
phases of the J/ψ and ψ(2S) resonances are such that the interference with the
short-distance component in dimuon mass regions far from their pole masses is small.
In addition, constraints are placed on the Wilson coefficients, C9 and C10 , and the
branching fraction of the short-distance component is measured.
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1

Introduction

The decay B + → K + µ+ µ− receives contributions from short-distance b → s`+ `− flavourchanging neutral-current (FCNC) transitions and long-distance contributions from intermediate hadronic resonances. In the Standard Model (SM), FCNC transitions are
forbidden at tree level and must occur via a loop-level process. In many extensions of the
SM, new particles can contribute to the amplitude of the b → s`+ `− process changing the
rate of the decay or the distribution of the final-state particles. Decays like B + → K + µ+ µ−
are therefore sensitive probes of physics beyond the SM.
Recent global analyses of measurements involving b → s`+ `− processes report deviations
from SM predictions at the level of four standard deviations [1–15]. These differences
could be explained by new short-distance contributions from non-SM particles [1–5, 12, 16]
or could indicate a problem with existing SM predictions [13, 15, 17]. To explain the
observed tensions, long-distance effects would need to be sizeable in dimuon mass regions
far from the pole masses of the resonances. Therefore, it is important to understand
how well these long-distance effects are modelled in the SM and how they interfere with
the short-distance contributions. Previous measurements of b → s`+ `− processes [18–23]
excluded regions of dimuon mass around the φ, J/ψ and ψ(2S) resonances. The amplitude
in these mass regions is dominated by the narrow vector resonances and has a large
theoretical uncertainty. These dimuon regions are therefore considered insensitive to new
physics effects.
In this paper, a first measurement of the phase difference between the contributions to
the short-distance and the narrow-resonance amplitudes in the B + → K + µ+ µ− decay is
presented.1 For the first time, the branching fraction of the short-distance component is
determined without interpolation across the J/ψ and ψ(2S) regions. The measurement is
performed through a fit to the full dimuon mass spectrum, mµµ , using a model describing
the vector resonances as a sum of relativistic Breit–Wigner amplitudes. This approach is
similar to that of Refs. [13, 24], with the difference that the magnitudes and phases of the
resonant amplitudes are determined using the LHCb data rather than using the external
information on the cross-section for e+ e− → hadrons from the BES collaboration [25]. The
model includes the ρ, ω, φ, J/ψ and ψ(2S) resonances, as well as broad charmonium states
(ψ(3770), ψ(4040), ψ(4160) and ψ(4415)) above the open charm threshold. Evidence
for the ψ(4160) resonance in the dimuon spectrum of B + → K + µ+ µ− decays has been
previously reported by LHCb in Ref. [26]. The continuum of broad states with pole masses
above the maximum mµµ value allowed in the decay is neglected.
The measurement presented in this paper is performed using a data set corresponding
to 3 fb−1 of integrated
√ luminosity collected by the LHCb experiment in pp collisions during
2011 and 2012 at s = 7 TeV and 8 TeV. The paper is organised as follows: Section 2
describes the LHCb detector and the procedure used to generate simulated events; the
reconstruction and selection of B + → K + µ+ µ− decays are described in Sec. 3; Section 4
describes the mµµ distribution of B + → K + µ+ µ− decays, including the model for the
various resonances appearing in the dimuon mass spectrum; the fit procedure to the
dimuon mass spectrum, including the methods to correct for the detection and selection
biases, is discussed in Sec. 5. The results and associated systematic uncertainties are
discussed in Secs. 6 and 7. Finally, conclusions are presented in Sec. 8.
1

The inclusion of charge-conjugate processes is implied throughout.
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Detector and simulation

The LHCb detector [27, 28] is a single-arm forward spectrometer, covering the
pseudorapidity range 2 < η < 5, designed to study the production and decay of particles
containing b or c quarks. The detector includes a high-precision tracking system divided
into three subsystems: a silicon-strip vertex detector surrounding the pp interaction region,
a large-area silicon-strip detector that is located upstream of a dipole magnet with a
bending power of about 4 Tm, and three stations of silicon-strip detectors and straw drift
tubes situated downstream of the magnet. The tracking system provides a measurement
of the momentum, p, of charged particles with a relative uncertainty that varies from
0.5% at low momentum to 1.0% at 200 GeV/c. The momentum scale of tracks in the data
is calibrated using the B + and J/ψ masses measured in B + → J/ψ K + decays [29]. The
minimum distance of a track to a primary vertex (PV), the impact parameter (IP), is measured with a resolution of (15 + 29/pT ) µm, where pT is the component of the momentum
transverse to the beam, in GeV/c. Different types of charged hadrons are distinguished
using information from two ring-imaging Cherenkov detectors (RICH). Photons, electrons
and hadrons are identified by a calorimeter system consisting of scintillating-pad and
preshower detectors, an electromagnetic calorimeter and a hadronic calorimeter. Muons
are identified by a system composed of alternating layers of iron and multiwire proportional
chambers. The online event selection is performed by a trigger [30], which consists of a
hardware stage, based on information from the calorimeter and muon systems, followed
by a software stage, which applies a full event reconstruction.
A large sample of simulated events is used to determine the effect of the detector geometry, trigger, and selection criteria on the dimuon mass distribution of the B + → K + µ+ µ−
decay. In the simulation, pp collisions are generated using Pythia 8 [31] with a specific
LHCb configuration [32]. The decay of the B + meson is described by EvtGen [33], which
generates final-state radiation using Photos [34]. As described in Ref. [35], the Geant4
toolkit [36] is used to implement the interaction of the generated particles with the detector
and its response. Data-driven corrections are applied to the simulation following the
procedure of Ref. [23]. These corrections account for the small level of mismodelling of the
detector occupancy, the B + momentum and vertex quality, and the particle identification
(PID) performance. The momentum of every reconstructed track in the simulation is also
smeared by a small amount in order to better match the mass resolution of the data.

3

Selection of signal candidates

In the trigger for the 7 TeV (8 TeV) data, at least one of the muons is required to have
pT > 1.48 GeV/c (pT > 1.76 GeV/c) and one of the final-state particles is required to have
both pT > 1.4 GeV/c (pT > 1.6 GeV/c) and an IP > 100 µm with respect to all PVs in the
event; if this final-state particle is identified as a muon, pT > 1.0 GeV/c is required instead.
Finally, the tracks of two or more of the final-state particles are required to form a vertex
that is significantly displaced from all PVs.
In the offline selection, signal candidates are built from a pair of oppositely tracks that
are identified as muons. The muon pair is then combined with a charged track that is
identified as a kaon by the RICH detectors. The signal candidates are required to pass a set
of loose preselection requirements that are identical to those described in Ref. [26]. These
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requirements exploit the decay topology of B + → K + µ+ µ− transitions and restrict the
data sample to candidates with good-quality vertex and track fits. Candidates are required
to have a reconstructed K + µ+ µ− mass, mKµµ , in the range 5100 < mKµµ < 6500 MeV/c2 .
Combinatorial background, where particles from different decays are mistakenly combined, is further suppressed with the use of a Boosted Decision Tree (BDT) [37, 38] using
kinematic and geometric information. The BDT is identical to that described in Ref. [26]
and uses the same working point. The efficiency of the BDT for signal is uniform with
respect to mKµµ .
Specific background processes can mimic the signal if their final states are misidentified
or partially reconstructed. The requirements described in Ref. [26] reduce the overall
contribution of the background from such decay processes to a level of less than 1%
of the expected signal yield in the full mass region. The largest remaining specific
background contribution comes from B + → π + µ+ µ− decays (including B + → J/ψ π + and
B + → ψ(2S)π + ), where the pion is mistakenly identified as a kaon.
The K + µ+ µ− mass of the selected candidates is shown in Fig. 1. The signal is
modelled by the sum of two Gaussian functions and a Gaussian function with power-law
tails on both sides of the peak; these all share a common peak position. A Gaussian
function is used to describe a small contribution from Bc+ decays around the known Bc+
mass [39]. Combinatorial background is described by an exponential function with a
negative gradient. At low mKµµ , the background is dominated by partially reconstructed
b-hadron decays, e.g. from B {+,0} → K ∗{+,0} µ+ µ− decays in which the pion from the
K ∗{+,0} is not reconstructed. This background component is modelled using the upper tail
of a Gaussian function. The shape of the background from B + → π + µ+ µ− decays is taken
from a sample of simulated events. Integrating the signal component in a ±40 MeV/c2
window about the known B + mass [39] yields 980 000 B + → K + µ+ µ− decays.
When computing mµµ , a kinematic fit is performed to the selected candidates. In the
fit, the mKµµ mass is constrained to the known B + mass and the candidate is required
to originate from one of the PVs in the event. For simulated B + → J/ψ K + decays, this
improves the resolution in mµµ by about a factor of two.

4

Differential decay rate

Following the notation of Ref. [40], the CP -averaged differential decay rate of
B + → K + µ+ µ− decays as a function of the dimuon mass squared, q 2 ≡ m2µµ , is given by
(
4m2µ (m2B − m2K )2
dΓ G2F α2 |Vtb Vts∗ |2
2 2 2
2
2 2
=
|k|β
|k| β C10 f+ (q ) +
C10 f0 (q 2 )
2
2
5
2
dq
128π
3
q mB
)


2
1 2
mb + ms
2
2
2
+ |k| 1 − β C9 f+ (q ) + 2C7
fT (q )
,
(1)
3
mB + mK
where |k| is the kaon momentum in the B + meson rest frame. Here mK and mB are the
masses of the K + and B + mesons while ms and mb refer to the s and b quark masses
as defined in Ref. [40], mµ is the muon mass and β 2 = 1 − 4m2µ /q 2 . The constants GF ,
α, and Vtq are the Fermi constant, the QED fine structure constant, and CKM matrix
elements, respectively. The parameters f0,+,T denote the scalar, vector and tensor B → K
form factors. The Ci are the Wilson coefficients in an effective field theory description of
3
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Figure 1: Reconstructed K + µ+ µ− mass of the selected B + → K + µ+ µ− candidates. The fit to
the data is described in the text.

the decay. The coefficient C9 corresponds to the coupling strength of the vector current
operator, C10 to the axial-vector current operator and C7 to the electromagnetic dipole
operator. The operator definitions and the numerical values of the Wilson coefficients
in the SM can be found in Ref. [41]. Right-handed Wilson coefficients, conventionally
denoted Ci0 , are suppressed in the SM and are ignored in this analysis. The Wilson
coefficients C9 and C10 are assumed to be real. This implicitly assumes that there is no
weak phase associated with the short-distance contribution. In general, CP -violating
effects are expected to be small across the mµµ range with the exception of the region
around the ρ and ω resonances, which enter with different strong and weak phases [42].
The small size of the CP asymmetry between B − and B + decays is confirmed in Ref. [43].
In the present analysis, there is no sensitivity to CP -violating effects at low masses and
therefore the phases of the resonances are taken to be the same for B + and B − decays
throughout.
Vector resonances, which produce dimuon pairs via a virtual photon, mimic a contribution to C9 . These long-distance hadronic contributions to the B + → K + µ+ µ− decay are
taken into account by introducing an effective Wilson coefficient in place of C9 in Eq. 1,
C9eff = C9 + Y (q 2 ),

(2)

where the term Y (q 2 ) describes the sum of resonant and continuum hadronic states
appearing in the dimuon mass spectrum. In this analysis Y (q 2 ) is replaced by the sum of
vector meson resonances j such that
X
2
C9eff = C9 +
ηj eiδj Ares
(3)
j (q ),
j

where ηj is the magnitude of the resonance amplitude and δj its phase relative to C9 .
These phase differences are one of the main results of this paper. The q 2 dependence of
4

2
the magnitude and phase of the resonance is parameterised by Ares
j (q ). The resonances
included are the ω, ρ0 , φ, J/ψ , ψ(2S), ψ(3770), ψ(4040), ψ(4160) and ψ(4415). Contributions from other broad resonances and hadronic continuum states are ignored, as are
contributions from weak annihilation [44–46]. No systematic uncertainties are attributed
to these assumptions, which are part of the model that defines the analysis framework of
this paper.
2
The function Ares
j (q ) is taken to have the form of a relativistic Breit–Wigner function
for the ω, ρ0 , φ, J/ψ , ψ(2S) and ψ(4040), ψ(4160) and ψ(4415) resonances,
2
Ares
j (q ) =

(m20 j

m0 j Γ0 j
,
− q 2 ) − im0 j Γj (q 2 )

(4)

where m0 j is the pole mass of the j th resonance and Γ0 j its natural width. The running
width Γj (q 2 ) is given by
p m0 j
p Γ0 j ,
Γj (q 2 ) =
(5)
p0 j q 2
where p is the momentum of the muons in the rest frame of the dimuon system evaluated
at q, and p0 j is the momentum evaluated at the mass of the resonance. To account for
the open charm threshold, the lineshape of the ψ(3770) resonance is described by a Flatté
function [47] with a width defined as
s
"
#
2
2)
p
m
1
−
(4m
/q
0
j
D
p
Γ1 + Γ2
,
(6)
Γψ(3770) (q 2 ) =
p0 j q 2
1 − (4m2D /q02 )
where mD is the mass of the D0 meson and q02 is the q 2 value at the pole mass of the
ψ(3770). The coefficients Γ1 = 0.3 MeV/c2 and Γ2 = 27 MeV/c2 are taken from Ref. [39]
and correspond to the sum of the partial widths of the ψ(3770) to states below and above
the open charm threshold. For q 2 < 4m2D , the phase-space factor accompanying Γ2 in
Eq. 6 becomes complex.
The form factors are parameterised according to Ref. [48] as
N
−1
X
1
f0 (q ) =
b0i z i ,
1 − q 2 /m2Bs0
∗
i=0

  
N
−1
X
1
i
+,T
2
i
i−N
bi
z − (−1)
zN ,
f+,T (q ) =
2
2
1 − q /mBs∗ i=0
N
2

(7)

(8)

∗ ) is the mass of the lowest-lying excited Bs
with, for this analysis, N = 3. Here mBs∗ (mBs0
P
− +
meson with J = 1 (0 ). The coefficients b+
i are allowed to vary in the fit to the data
subject to constraints from Ref. [40], whereas the coefficients b0i and bTi are fixed to their
central values. The function z is defined by the mapping
p
√
t+ − q 2 − t+ − t0
2
(9)
z(q ) ≡ p
√
t+ − q 2 + t+ − t0

with
t+ ≡ (mB − mK )2

(10)

√
√
t0 ≡ (mB + mK )( mB − mK )2 .

(11)

and
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Fit to the mµµ distribution

In order to determine the magnitudes and phases of the different resonant contributions,
a maximum likelihood fit in 538 bins is performed to the distribution of the reconstructed
2
dimuon mass, mrec
µµ , of candidates with mKµµ in a ±40 MeV/c window about the known
+
+ + −
B + mass. The mrec
µµ distribution of the B → K µ µ decay is described by


dΓ dq 2
rec
,
(12)
R(mµµ , mµµ ) ⊗ ε(mµµ ) 2
dq dmµµ
i.e. by Eq. 1, multiplied by the detector efficiency, ε, as a function of the true dimuon
mass, mµµ , and convolved with the experimental mass resolution R discussed in Sec. 5.2.

5.1

Signal model

The magnitudes and phases of the resonances are allowed to vary in the fit, as are the
Wilson coefficients C9 and C10 . As the contribution of C7 to the total decay rate is small,
it is fixed to its SM value of C7SM = −0.304 ± 0.006 [41].
The form factor f+ (q 2 ) is constrained in the fit according to its value and uncertainty
from Ref. [40]. The form factors f0 (q 2 ) and fT (q 2 ) have a limited impact on the normalisation and shape of Eq. 1, and are fixed to their values from Ref. [40]. The masses and
widths of the broad resonances above the open charm threshold are constrained according
to their values in Ref. [49]. The masses and widths of the ρ, ω and φ mesons and the
widths of the J/ψ and ψ(2S) mesons are fixed to their known values [39]. The large
magnitude of the J/ψ and ψ(2S) amplitudes makes the fit very sensitive to the position
of the pole mass of these resonances. Due to some residual uncertainty on the momentum
scale in the data, the pole masses of the J/ψ and ψ(2S) mesons are allowed to vary in the
fit.
The short-distance component is normalised to the branching fraction of B + → J/ψ K +
measured by the B-factory experiments [39]. After correcting for isospin asymmetries in the production of the B + mesons at the Υ(4S), the branching fraction is B(B + → J/ψ K + ) = (9.95 ± 0.32) × 10−4 [50]. This is further multiplied by
B(J/ψ → µ+ µ− ) = (5.96 ± 0.03) × 10−2 [39] to account for the decay of the J/ψ meson.
The branching fraction of the decay B + → K + µ+ µ− via an intermediate resonance j is
computed from the fit as
G2 α2 |Vtb Vts∗ |2
τB F
128π 5

(mBZ−mK )2

3

|k|



1
β − β3
3



2

2

2
2
f+ (q 2 ) |ηj |2 Ares
j (q ) dq ,

(13)

4m2µ

where τB is the lifetime of the B + meson. The branching fractions of B + → ρK + ,
B + → ωK + , B + → φK + and B + → ψ(3770)K + are also constrained assuming factorisation
between the B decay and the subsequent decay of the intermediate resonance to a muon
pair. These branching fractions are taken from Ref. [39].

5.2

Mass resolution

The convolution of the resolution function with the signal model is implemented using
a fast Fourier transform technique [51, 52]. The fit to the data is performed in three
6

Table 1: Resolution parameters of the different convolution regions in units of MeV/c2 . The
αl and αu parameters are shared between the J/ψ and ψ(2S) regions. The parameters without
uncertainties are fixed from fits to the simulated events.
Region ( MeV/c2 )
σG
σC
αl
nl
αu
[ 300, 1800]
3.53
2.98
−1.15
20.0
1.15
[1800, 3400]
6.71 ± 0.04 5.67 ± 0.02 −1.21 ± 0.02 9.1 ± 1.0 1.21 ± 0.02
[3400, 4700]
5.63 ± 0.04 4.76 ± 0.02 −1.21 ± 0.02 8.5 ± 0.5 1.21 ± 0.02

nu
20.0
20.0
7.3 ± 1.2

f
0.39
0.41 ± 0.01
0.41 ± 0.01

2
rec
2
separate regions of dimuon mass: 300 ≤ mrec
µµ ≤ 1800 MeV/c , 1800 < mµµ ≤ 3400 MeV/c
2
and 3400 < mrec
µµ ≤ 4700 MeV/c .
To increase the speed of the fit, the resolution is treated as constant within these
regions using the resolution at the φ, J/ψ and ψ(2S) pole masses. The impact of this
assumption on the measured phases of the J/ψ and ψ(2S) resonances has been tested
using pseudoexperiments and found to be negligible. This is to be expected as the spectra
in all other regions vary slowly in comparison to the resolution function. The resolution
is modelled using the sum of a Gaussian function, G, and a Gaussian function with
power-law tails on the lower and upper side of the peak, C,
rec
R(mrec
µµ , mµµ ) = f G(mµµ , mµµ , σG )+

(1 − f ) C(mrec
µµ , mµµ , σC , nl , nu , αl , αu ) .
The component with power-law tails is defined as

−n
 Al (Bl − δ) l
exp(−δ 2 /2)
C(mrec
µµ , mµµ , σC , nl , nu , αl , αu ) ∝

Au (Bu + δ)−nu

if δ < αl
if αl < δ < αu ,
if δ > αu

(14)

(15)

with
δ = (mrec
µµ − mµµ )/σC
nl,u

nl,u
2
e−|αl,u | /2
Al,u =
|αl,u |


nl,u
Bl,u =
− |αl,u |
|αl,u |

(16)

and is normalised to unity.
The parameters describing the resolution model for the J/ψ and ψ(2S) regions (f , σC ,
σG , nl , nu , αl , αu ) are allowed to vary in the fit to the data. The parameters αl , αu and
f are shared between the J/ψ and ψ(2S) regions. The resolution parameters for the φ
region can not be determined from the data in this way and are instead fixed to their
values in the simulation. The resulting values of the resolution parameters are summarised
in Table 1. As a cross-check, a second fit to the mrec
µµ distribution is performed using the
full mµµ dependence of the resolution model in Eq. 12 and a numerical implementation of
the convolution. In this fit to the data, the parameters of the resolution model are taken
from simulated B + → K + µ+ µ− events and fixed up to an overall scaling of the width of
the resolution function. The two fits to mrec
µµ yield compatible results.
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Figure 2: Efficiency to reconstruct, trigger and select simulated B + → K + µ+ µ− decays as a
function of the true dimuon mass. The efficiency is normalised to the efficiency at the J/ψ meson
mass. The band indicates the efficiency parameterisation used in this analysis and its statistical
uncertainty.

5.3

Efficiency correction

The measured dimuon mass distribution is biased by the trigger, selection and detector
geometry. The dominant sources of bias are the geometrical acceptance of the detector,
the impact parameter requirements on the muons and the kaon and the pT dependence
of the trigger. Figure 2 shows the efficiency to trigger, reconstruct and select candidates
as a function of mµµ in a sample of simulated B + → K + µ+ µ− candidates. The rise in
efficiency with increasing dimuon mass originates from the requirement that one of the
muons has pT > 1.48 GeV/c (pT > 1.76 GeV/c) in the 2011 (2012) trigger. The drop
in efficiency at large dimuon mass (small hadronic recoil) originates from the impact
parameter requirement on the kaon. The efficiency is normalised to the efficiency at
the J/ψ meson mass and is parameterised as a function of mµµ by the sum of Legendre
polynomials, Pi (x), up to sixth order,
ε(mµµ ) =

6
X





εi Pi −1 + 2

i=0

mµµ − 2mµ
mB − mK − 2mµ


.

(17)

The values of the parameters εi are fixed from simulated events and are given in Table 2.

5.4

Background model

The reconstructed dimuon mass distribution of the combinatorial background candidates
is taken from the mKµµ upper mass sideband, 5620 < mKµµ < 5700 MeV/c2 . When
evaluating mrec
µµ , mKµµ is constrained to the centre of the sideband rather than to the
+
known B mass. Combinatorial background comprising a genuine J/ψ or ψ(2S) meson is
described by the sum of two Gaussian functions. After applying the mass constraint, the
means of the Gaussians do not correspond exactly to the known J/ψ and ψ(2S) masses.
Combinatorial background comprising a dimuon pair that does not originate from a J/ψ
or ψ(2S) meson is described by an ARGUS function [53]. The lineshape of the background
8

Table 2: Parameters describing the efficiency to trigger, reconstruct and select simulated
B + → K + µ+ µ− decays as a function of mµµ .

Value
Uncertainty

ε0
0.9262
0.0036

Correlation
ε0
ε1
ε2
ε3
ε4
ε5
ε6

ε0
1.000

ε1
ε2
ε3
ε4
ε5
ε6
0.1279 −0.0532 −0.1857 −0.1269 −0.0205 −0.0229
0.0080
0.0116
0.0131
0.0155
0.0138
0.0148
ε1
−0.340
1.000

ε2
0.605
−0.345
1.000

ε3
−0.208
0.635
−0.352
1.000

ε4
0.432
−0.207
0.684
−0.344
1.000

ε5
−0.132
0.411
−0.224
0.608
−0.344
1.000

ε6
0.298
−0.094
0.455
−0.154
0.619
−0.259
1.000

from B + → π + µ+ µ− decays, where the pion is mistakenly identified as a kaon, is taken
from simulated events.

6

Results

The dimuon mass distributions and the projections of the fit to the data are shown in
Fig. 3. Four solutions are obtained with almost equal likelihood values, which correspond
to ambiguities in the signs of the J/ψ and ψ(2S) phases. The values of the phases and
branching fractions of the vector meson resonances are listed in Table 3. The posterior
values for the f+ form factor are reported in Table 4. A χ2 test between the data and the
model, with the binning scheme used in Fig. 3, results in a χ2 of 110 with 78 degrees of
freedom. The largest disagreements between the data and the model are localised in the
mµµ region close to the J/ψ pole mass and around 1.8 GeV/c2 . The latter is discussed in
Sec. 7.
The branching fraction of the short-distance component of the B + → K + µ+ µ− decay
can be calculated by integrating Eq. 1 after setting the amplitudes of the resonances to
zero. This gives
B(B + → K + µ+ µ− ) = (4.37 ± 0.15 (stat) ± 0.23 (syst)) × 10−7 ,
where the statistical uncertainty includes the uncertainty on the form-factor predictions.
The systematic uncertainty on the branching fraction is discussed in Sec. 7. This measurement is compatible with the branching fraction reported in Ref. [22]. The two results
are based on the same data and therefore should not be used together in global fits. The
branching fraction reported in Ref. [22] is based on a binned measurement in q 2 regions
away from the narrow resonances (φ, J/ψ and ψ(2S)) and then extrapolated to the full
q 2 range. The contribution from the broad resonances was thus included in that result.
A two-dimensional likelihood profile of C9 and C10 is also obtained as shown in Fig. 4.
The intervals correspond to χ2 probabilities assuming two degrees of freedom. Only the
quadrant with C9 and C10 values around the SM prediction is shown. The other quadrants
9
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Figure 3: Fits to the dimuon mass distribution for the four different phase combinations that
describe the data equally well. The plots show cases where the J/ψ and ψ(2S) phases are
both negative (top left); the J/ψ phase is positive and the ψ(2S) phase is negative (top right);
the J/ψ phase is negative and the ψ(2S) phase is positive (bottom left); and both phases are
positive (bottom right). The component labelled interference refers to the interference between
the short- and long-distance contributions to the decay. The χ2 value of the four solutions is
almost identical, with a value of 110 for 78 degrees of freedom.

can be obtained by mirroring in the axes. The branching fraction of the short-distance
component provides a good constraint on the sum of |C9 |2 and |C10 |2 (see Eq. 1). This
gives rise to the annular shape in the likelihood profile in Fig. 4. In addition, there is
a modest ability for the fit to differentiate between C9 and C10 through the interference
of the C9 component with the resonances. The visible interference pattern excludes very
small values of |C9 |. Overall, the correlation between C9 and C10 is approximately 90%.
The best-fit point for the Wilson coefficients (in a given quadrant of the C9 and C10
plane) and the corresponding B + → K + µ+ µ− branching fraction are the same for the
four combinations of the J/ψ and ψ(2S) phases. Including statistical and systematic
uncertainties, the fit results deviate from the SM prediction at the level of 3.0 standard
deviations. The uncertainty is dominated by the precision of the form factors. The best-fit
SM
point prefers a value of |C10 | that is smaller than |C10
| and a value of |C9 | that is larger
SM
than |C9 |. However, if C10 is fixed to its SM value, the fit prefers |C9 | < |C9SM |. This
10

Table 3: Branching fractions and phases for each resonance in the fit for the four solutions of
the J/ψ and ψ(2S) phases. Both statistical and systematic contributions are included in the
uncertainties. There is a common systematic uncertainty of 4.5%, dominated by the uncertainty
on the B + → J/ψ K + branching fraction, which provides the normalisation for all measurements.

Resonance
ρ(770)
ω(782)
φ(1020)
J/ψ
ψ(2S)
ψ(3770)
ψ(4040)
ψ(4160)
ψ(4415)
Resonance
ρ(770)
ω(782)
φ(1020)
J/ψ
ψ(2S)
ψ(3770)
ψ(4040)
ψ(4160)
ψ(4415)

J/ψ negative/ψ(2S) negative
Phase [rad]
Branching fraction
−0.35 ± 0.54 (1.71 ± 0.25) × 10−10
0.26 ± 0.39 (4.93 ± 0.59) × 10−10
0.47 ± 0.39 (2.53 ± 0.26) × 10−9
−1.66 ± 0.05
–
−1.93 ± 0.10 (4.64 ± 0.20) × 10−6
−2.13 ± 0.42 (1.38 ± 0.54) × 10−9
−2.52 ± 0.66 (4.17 ± 2.72) × 10−10
−1.90 ± 0.64 (2.61 ± 0.84) × 10−9
−2.52 ± 0.36 (6.04 ± 3.93) × 10−10
J/ψ positive/ψ(2S) negative
Phase [rad]
Branching fraction
−0.26 ± 0.54 (1.71 ± 0.25) × 10−10
0.35 ± 0.39 (4.93 ± 0.58) × 10−10
0.58 ± 0.38 (2.53 ± 0.26) × 10−9
1.47 ± 0.05
–
−2.21 ± 0.11 (4.63 ± 0.20) × 10−6
−2.40 ± 0.39 (1.39 ± 0.54) × 10−9
−2.64 ± 0.50 (4.05 ± 2.76) × 10−10
−2.11 ± 0.38 (2.62 ± 0.82) × 10−9
−2.42 ± 0.46 (6.13 ± 3.98) × 10−10

J/ψ negative/ψ(2S) positive
Phase [rad]
Branching fraction
−0.30 ± 0.54 (1.71 ± 0.25) × 10−10
0.30 ± 0.38 (4.93 ± 0.58) × 10−10
0.51 ± 0.37 (2.53 ± 0.26) × 10−9
−1.50 ± 0.05
–
2.08 ± 0.11 (4.69 ± 0.20) × 10−6
−2.89 ± 0.19 (1.67 ± 0.61) × 10−9
−2.69 ± 0.52 (4.25 ± 2.83) × 10−10
−2.13 ± 0.33 (2.67 ± 0.85) × 10−9
−2.43 ± 0.43 (7.10 ± 4.48) × 10−10
J/ψ positive/ψ(2S) positive
Phase [rad]
Branching fraction
−0.22 ± 0.54 (1.71 ± 0.25) × 10−10
0.38 ± 0.38 (4.93 ± 0.58) × 10−10
0.62 ± 0.37 (2.52 ± 0.26) × 10−9
1.63 ± 0.05
–
1.80 ± 0.10 (4.68 ± 0.20) × 10−6
−2.95 ± 0.14 (1.68 ± 0.61) × 10−9
−2.75 ± 0.48 (4.30 ± 2.86) × 10−10
−2.28 ± 0.24 (2.68 ± 0.81) × 10−9
−2.31 ± 0.48 (7.12 ± 4.94) × 10−10

is consistent with the results of global fits to b → s`+ `− processes. Given the model
assumptions in this paper, the interference with the J/ψ meson is not able to explain the
low value of the branching fraction of the B + → K + µ+ µ− decay while keeping the values
of C9 and C10 at their SM predictions.
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Systematic uncertainties

Sources of systematic uncertainty are considered separately for the phase and branching
fraction measurements. In both cases, the largest systematic uncertainties are accounted
for in the statistical uncertainty as they are included as nuisance parameters in the fit.
Table 4: Coefficients of the form factor f+ (q 2 ) as introduced in Eq. 8 with both prior (from
Ref. [40]) and posterior values shown.

Coefficient
b+
0
b+
1
b+
2

Ref. [40]
0.466 ± 0.014
−0.89 ± 0.13
−0.21 ± 0.55
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Fit result
0.465 ± 0.013
−0.81 ± 0.05
0.03 ± 0.32
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LHCb

68
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0
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99.7%

2

4

6

Re(C 9)
Figure 4: Two-dimensional likelihood profile for the Wilson coefficients C9 and C10 . The SM
point is indicated by the blue marker. The intervals correspond to χ2 probabilities with two
degrees of freedom.

For smaller sources of uncertainty, the fit is repeated with variations of the inputs and the
difference is assigned as a systematic uncertainty. A summary of the remaining systematic
uncertainties can be found in Table 5.
The parameters governing the behaviour of the tails of the resolution function are
particularly correlated with the phases. The systematic uncertainty on the resolution
model is included in the statistical uncertainty by allowing the resolution parameter values
to vary in the fit. If the tail parameters are fixed to their central values, the statistical
uncertainties on the phase measurements decrease by approximately 20%. The choice of
parameterisation for the resolution model is validated using a large sample of simulated
events and no additional uncertainty is assigned for the choice of model. For the branching
fraction measurement, the uncertainty arising from the resolution model is negligible
compared to other sources of systematic uncertainty.
Table 5: Summary of systematic uncertainties. The branching fraction refers to the short-distance
SM contribution. A dash indicates that the uncertainty is negligible.

Source
Broad components
Background model
Efficiency model
B(B + → J/ψ K + )

J/ψ phase ψ(2S) phase
20 mrad
10 mrad
10 mrad
10 mrad
3 mrad
10 mrad
—
—
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Branching fraction
1.0%
1.0%
1.0%
4.2%

C9,10
0.05
0.05
0.05
0.19

Similarly to the resolution model, the systematic uncertainty associated with the
knowledge of the f+ (q 2 ) form factor is included in the statistical uncertainty. If the
form-factor parameters are fixed to their best-fit values, the statistical uncertainties on
the phases decrease by 4% (1%) for the J/ψ (ψ(2S)) measurements. For the branching
fraction, the uncertainty is 2%, which is of similar size as the statistical uncertainty.
At around mµµ = 1.8 GeV/c2 there is a small discrepancy between the data and the
model (see Fig. 3). This is interpreted as a possible contribution from excited ρ, ω or φ
resonances. Given the limited knowledge of the masses and widths of the states in this
region, these broad states are neglected in the nominal fit. They are, however, visible in
e+ e− → hadrons vacuum polarisation data [39]. To test the effect of such states on the
phases of the J/ψ and ψ(2S) mesons, an additional relativistic Breit–Wigner amplitude is
included with a width and mass that are allowed to vary in the fit. The inclusion of this
Breit–Wigner amplitude marginally improves the fit quality around mµµ = 1.8 GeV/c2 and
changes the J/ψ (ψ(2S)) phase by 40% (20%) of its statistical uncertainty, which is added
as a systematic effect. The magnitude of the amplitude is not statistically significant
and its mean and width do not correspond to a known state. The phases of the other
resonances in the fit have larger statistical uncertainties and the inclusion of this additional
amplitude has a negligible effect on their fit values. Given that the contribution of this
amplitude is small compared to the short-distance component, its effect on the branching
fraction is only around 1%.
Other, smaller systematic uncertainties include modelling of the combinatorial background, calculation of the efficiency as a function of q 2 and the uncertainty on the
B + → J/ψ K + branching fraction. The latter affects the branching fraction measurement
and is obtained from Ref. [50], which results in a 4% uncertainty.
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Conclusions

This paper presents the first measurement of the phase difference between the short- and
long-distance contributions to the B + → K + µ+ µ− decay. The measurement is performed
using a binned maximum likelihood fit to the dimuon mass distribution of the decays.
The long-distance contributions are modelled as the sum of relativistic Breit–Wigner
amplitudes representing different vector meson resonances decaying to muon pairs, each
with their own magnitude and phase. The short-distance contribution is expressed in
terms of an effective field theory description of the decay with the Wilson coefficients C9
and C10 , which are taken to be real. These are left free in the fit and all other components
set to their corresponding SM values. The B → K hadronic form factors are constrained
in the fit to the predictions from Ref. [40].
The fit results in four approximately degenerate solutions corresponding to ambiguities
in the signs of the J/ψ and ψ(2S) phases. The values of the J/ψ phases are compatible
with ± π2 , which means that the interference with the short-distance component in dimuon
mass regions far from their pole masses is small. The negative solution of the J/ψ phase
agrees qualitatively with the prediction of Ref. [45], where long-distance contributions are
calculated at negative q 2 and extrapolated to the q 2 region below the J/ψ pole-mass using
a hadronic dispersion relation. The fit model, which includes the conventional J P C = 1−−
cc̄ resonances, is found to describe the data well, with no significant evidence for the
decays B + → ψ(4040)K + or B + → ψ(4415)K + . The values of the ψ(3770) and ψ(4160)
13

phases are compatible with those reported in Ref. [13].
SM
The measurement of the Wilson coefficients prefers a value of |C10 | < |C10
| and a
SM
SM
value of |C9 | > |C9 |. If the value of C10 is set to that of C10 , the measurement favours
the region |C9 | < |C9SM |. These results are similar to those reported previously in global
analyses. The interference between the short- and long-distance contributions in the
regions around the ρ, ω and the φ, and in the region q 2 > m2ψ(2S) , results in the exclusion of
the hypothesis that C9 = 0 at more than 5 standard deviations. The dominant uncertainty
on the measurements of C9 and C10 arises from the knowledge of the B → K hadronic
form factors. The current data set allows the uncertainties on these hadronic parameters
to be reduced. Improved inputs on the form factors from lattice QCD calculations and the
larger data set that will be available at the end of the LHC Run 2 are needed to further
improve the measurement of the Wilson coefficients.
A similar strategy to the one applied in this paper can be extended to other b → s`+ `−
decay processes to understand the influence of hadronic resonances on global fits for C9
and C10 . However, the situation is more complicated in decays where the strange hadron
is not a pseudoscalar meson as the amplitudes corresponding to different helicity states of
the hadron can have different relative phases.
Finally, a measurement of the branching fraction of the short-distance component of
B + → K + µ+ µ− decays is also reported and is found to be
B(B + → K + µ+ µ− ) = (4.37 ± 0.15 (stat) ± 0.23 (syst)) × 10−7 ,
where the first uncertainty is statistical and second is systematic. In contrast to previous
analyses, the measurement is performed across the full q 2 region accounting for the
interference with the long-distance contributions and without any veto of resonancedominated regions of the phase space. The value of the branching fraction is found to be
compatible with previous measurements [22], but smaller than the SM prediction [40].
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[47] S. M. Flatté, Coupled-channel analysis of the πη and KK systems near KK threshold,
Phys. Lett. B63 (1976) 224.
[48] C. Bourrely, I. Caprini, and L. Lellouch, Model-independent description of B → πlν decays and a determination of |Vub |, Phys. Rev. D79 (2009) 013008, arXiv:0807.2722,
[Erratum: Phys. Rev. D82 (2010) 099902].
17

[49] BES collaboration, M. Ablikim et al., Determination of the ψ(3770), ψ(4040), ψ(4160)
and ψ(4415) resonance parameters, Phys. Lett. B660 (2008) 315, arXiv:0705.4500.
[50] M. Jung, Branching ratio measurements and isospin violation in B-meson decays,
Phys. Lett. B753 (2016) 187, arXiv:1510.03423.
[51] J. W. Cooley and J. W. Tukey, An algorithm for the machine calculation of complex
Fourier series, Math. Comput. 19 (1965) 297.
[52] M. Frigo and S. G. Johnson, The design and implementation of FFTW3, Proceedings
of the IEEE 93 (2005) 216.
[53] ARGUS collaboration, H. Albrecht et al., Measurement of the polarization in the
decay B → J/ψ K ∗ , Phys. Lett. B340 (1994) 217.

18

LHCb collaboration
R. Aaij40 , B. Adeva39 , M. Adinolfi48 , Z. Ajaltouni5 , S. Akar59 , J. Albrecht10 , F. Alessio40 ,
M. Alexander53 , S. Ali43 , G. Alkhazov31 , P. Alvarez Cartelle55 , A.A. Alves Jr59 , S. Amato2 ,
S. Amerio23 , Y. Amhis7 , L. An3 , L. Anderlini18 , G. Andreassi41 , M. Andreotti17,g ,
J.E. Andrews60 , R.B. Appleby56 , F. Archilli43 , P. d’Argent12 , J. Arnau Romeu6 ,
A. Artamonov37 , M. Artuso61 , E. Aslanides6 , G. Auriemma26 , M. Baalouch5 , I. Babuschkin56 ,
S. Bachmann12 , J.J. Back50 , A. Badalov38 , C. Baesso62 , S. Baker55 , V. Balagura7,c ,
W. Baldini17 , R.J. Barlow56 , C. Barschel40 , S. Barsuk7 , W. Barter40 , M. Baszczyk27 ,
V. Batozskaya29 , B. Batsukh61 , V. Battista41 , A. Bay41 , L. Beaucourt4 , J. Beddow53 ,
F. Bedeschi24 , I. Bediaga1 , L.J. Bel43 , V. Bellee41 , N. Belloli21,i , K. Belous37 , I. Belyaev32 ,
E. Ben-Haim8 , G. Bencivenni19 , S. Benson43 , A. Berezhnoy33 , R. Bernet42 , A. Bertolin23 ,
C. Betancourt42 , F. Betti15 , M.-O. Bettler40 , M. van Beuzekom43 , Ia. Bezshyiko42 , S. Bifani47 ,
P. Billoir8 , T. Bird56 , A. Birnkraut10 , A. Bitadze56 , A. Bizzeti18,u , T. Blake50 , F. Blanc41 ,
J. Blouw11,† , S. Blusk61 , V. Bocci26 , T. Boettcher58 , A. Bondar36,w , N. Bondar31,40 ,
W. Bonivento16 , I. Bordyuzhin32 , A. Borgheresi21,i , S. Borghi56 , M. Borisyak35 , M. Borsato39 ,
F. Bossu7 , M. Boubdir9 , T.J.V. Bowcock54 , E. Bowen42 , C. Bozzi17,40 , S. Braun12 , M. Britsch12 ,
T. Britton61 , J. Brodzicka56 , E. Buchanan48 , C. Burr56 , A. Bursche2 , J. Buytaert40 ,
S. Cadeddu16 , R. Calabrese17,g , M. Calvi21,i , M. Calvo Gomez38,m , A. Camboni38 ,
P. Campana19 , D.H. Campora Perez40 , L. Capriotti56 , A. Carbone15,e , G. Carboni25,j ,
R. Cardinale20,h , A. Cardini16 , P. Carniti21,i , L. Carson52 , K. Carvalho Akiba2 , G. Casse54 ,
L. Cassina21,i , L. Castillo Garcia41 , M. Cattaneo40 , G. Cavallero20 , R. Cenci24,t , D. Chamont7 ,
M. Charles8 , Ph. Charpentier40 , G. Chatzikonstantinidis47 , M. Chefdeville4 , S. Chen56 ,
S.-F. Cheung57 , V. Chobanova39 , M. Chrzaszcz42,27 , X. Cid Vidal39 , G. Ciezarek43 ,
P.E.L. Clarke52 , M. Clemencic40 , H.V. Cliff49 , J. Closier40 , V. Coco59 , J. Cogan6 , E. Cogneras5 ,
V. Cogoni16,40,f , L. Cojocariu30 , G. Collazuol23,o , P. Collins40 , A. Comerma-Montells12 ,
A. Contu40 , A. Cook48 , G. Coombs40 , S. Coquereau38 , G. Corti40 , M. Corvo17,g ,
C.M. Costa Sobral50 , B. Couturier40 , G.A. Cowan52 , D.C. Craik52 , A. Crocombe50 ,
M. Cruz Torres62 , S. Cunliffe55 , R. Currie55 , C. D’Ambrosio40 , F. Da Cunha Marinho2 ,
E. Dall’Occo43 , J. Dalseno48 , P.N.Y. David43 , A. Davis3 , K. De Bruyn6 , S. De Capua56 ,
M. De Cian12 , J.M. De Miranda1 , L. De Paula2 , M. De Serio14,d , P. De Simone19 , C.-T. Dean53 ,
D. Decamp4 , M. Deckenhoff10 , L. Del Buono8 , M. Demmer10 , A. Dendek28 , D. Derkach35 ,
O. Deschamps5 , F. Dettori40 , B. Dey22 , A. Di Canto40 , H. Dijkstra40 , F. Dordei40 , M. Dorigo41 ,
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Università di Roma La Sapienza, Roma, Italy
l
AGH - University of Science and Technology, Faculty of Computer Science, Electronics and
Telecommunications, Kraków, Poland
m
LIFAELS, La Salle, Universitat Ramon Llull, Barcelona, Spain
n
Hanoi University of Science, Hanoi, Viet Nam
o
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Università degli Studi di Milano, Milano, Italy
r
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